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Abstract
Motivation:Molecular interaction networks are powerful resources for the discovery. They are increasingly
used with machine learning methods to predict biologically meaningful interactions. While deep learning on
graphs has dramatically advanced the prediction prowess, current graph neural network (GNN) methods are
optimized for prediction on the basis of direct similarity between interacting nodes. In biological networks,
however, similarity between nodes that do not directly interact has proved incredibly useful in the last
decade across a variety of interaction networks.
Results: Here, we present SkipGNN, a graph neural network approach for the prediction of molecular
interactions. SkipGNN predicts molecular interactions by not only aggregating information from direct
interactions but also from second-order interactions, which we call skip similarity. In contrast to existing
GNNs, SkipGNN receives neural messages from two-hop neighbors as well as immediate neighbors in the
interaction network and non-linearly transforms the messages to obtain useful information for prediction.
To inject skip similarity into a GNN, we construct a modified version of the original network, called the skip
graph. We then develop an iterative fusion scheme that optimizes a GNN using both the skip graph and the
original graph. Experiments on four interaction networks, including drug-drug, drug-target, protein-protein,
and gene-disease interactions, show that SkipGNNachieves superior and robust performance, outperforming
existing methods by up to 28.8% of area under the precision recall curve (PR-AUC). Furthermore, we show
that unlike popular GNNs, SkipGNN learns biologically meaningful embeddings and performs especially
well on noisy, incomplete interaction networks.
Availability: SkipGNN method, experiments, and all datasets will be open-sourced through https://
github.com/kexinhuang12345/SkipGNN.
Contact: jimeng@illinois.edu
1 Introduction
Molecular interaction networks are ubiquitous in biological systems. Over the last decade, interaction
networks have advanced our systems-level understanding of biology [Cowen et al., 2017]. Further, they have
enabled discovery of biologically significant, yet previously unmapped relationships [Zitnik et al., 2019a],
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Figure 1: Direct versus skip similarity. (Left) Traditionally, an interaction between nodes A and B implies
that A and B are similar and vice versa [McPherson et al., 2001]. (Right) In contrast, in molecular interaction
networks, directly interacting entities are not necessarily similar, which has been observed in numerous
networks, including genetic interaction networks [Costanzo et al., 2010, 2016] and protein-protein interaction
networks [Kovács et al., 2019, Zitnik et al., 2019b].
including drug-target interactions (DTIs) [Luo et al., 2017a], drug-drug interactions (DDIs) [Zitnik et al.,
2018a], protein-protein interactions (PPIs) [Luck et al., 2020], and disease-gene associations (DGIs) [Agrawal
et al., 2018]. To assist in these discoveries, a plethora of computational methods, primarily optimized for
link prediction from networks (e.g., Lei and Ruan [2013]), were developed to predict new interactions in
molecular networks. Recently, deep learning on graphs has emerged as a dominant class of methods that
have revolutionized state-of-the-art in learning and reasoning over network datasets. These methods, often
referred to as graph neural networks (GNNs) [Wu et al., 2019] and graph convolutional networks (GCNs) [Kipf
and Welling, 2017, Veličković et al., 2018], operate by performing a series of non-linear transformations on
the input molecular network, where each transformation aggregates information only from immediate
neighbors, i.e., direct interactors in the network. While these methods yield powerful predictors, they
explicitly take into account only direct similarity between nodes in the network. Therefore, GNNs are
limited at fully capturing important information for prediction that resides further away from a particular
interaction in the network that we want to predict [Abu-El-Haija et al., 2019].
Indirect similarity between nodes that do not directly interact, e.g., the similarity in second-order inter-
actions, has proved incredibly useful across a variety of molecular networks, including genetic interaction
and protein-protein interaction networks [Costanzo et al., 2010, 2016, Zitnik et al., 2019b, Kovács et al., 2019].
This is because interactions can exist between nodes that are not necessarily similar, as illustrated in Figure 1.
For example, in a drug-target interaction (DTI) network, an edge indicates that a drug binds to a target
protein. Thus, two drugs are similar because they bind to the same target protein. In contrast, a drug and
a target protein are not biologically similar, although they are connected by an edge in the DTI network.
This example illustrates the importance of second-order interactions, which we refer to as skip similarity
(Figure 1). For this reason, we need GNNs to predict molecular interactions, not only via direct interactions
but also via similarity in second-order interactions.
Present work. Here, we present SkipGNN, a graph neural network (GNN) method for the prediction of
molecular interactions. In contrast to existing GNNs, such as GCN [Kipf and Welling, 2017], SkipGNN
specifies a neural architecture, in which neural messages are passed not only via direct interactions, referred
to as direct similarity, but also via similarity in second-order interactions, referred to as skip similarity
(Figure 1). Importantly, while the principle of skip similarity governs many types of molecular interaction
networks, popular GNNmethods fail to capture the principle. Because of that, as we show here, they cannot
fully utilize molecular interaction networks. SkipGNN takes as input a molecular interaction network and
uses it to construct a skip graph. This second-order network representation captures the skip similarity.
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SkipGNN then uses both the original graph (i.e., the input interaction network) and the skip graph to learn
what is the best way to propagate and transform neural messages along edges in each graph to optimize for
the discovery of new interactions.
We evaluate SkipGNN on four types of interaction networks, including two homogeneous networks,
i.e., drug-drug interaction and protein-protein interaction networks, and two heterogeneous networks,
i.e., drug-target interaction and gene-disease interaction networks. SkipGNN outperforms baselines that
use random walks, shallow network embeddings, spectral clustering, and network metrics by up to 28.8%
in PR-AUC [Perozzi et al., 2014, Grover and Leskovec, 2016, Ribeiro et al., 2017, Tang and Liu, 2011, Kovács
et al., 2019]. Further, the method shows a 7.9% improvement in PR-AUC over state-of-the-art graph neural
networks [Kipf and Welling, 2017, 2016].
By examining SkipGNN’s performance in increasingly harder prediction settings when large fractions
of interactions are removed from the network, we find that SkipGNN achieves robust performance. In
particular, across all interaction networks, SkipGNN consistently outperforms all baseline methods, even
when interaction networks are highly incomplete (Section 5.1-5.2). We find that the robust performance of
SkipGNN can be explained by the spectral property of skip graph, as it can preserve network structure in the
face of incomplete interaction information (Section 5.3), which is also confirmed experimentally (Section 5.5).
Further, we examine embeddings learned by SkipGNN and find that SkipGNN learns biologically
meaningful embeddings, whereas a regular GCN does not (Section 5.4). For example, when analyzing a
drug-target interaction network, SkipGNN generates the embedding space in which drugs are generally
separated from most of proteins while still being positioned close to the proteins to which they directly bind.
Lastly, in the case of the drug-drug interaction network, we use the literature search to find evidence for
SkipGNN’s novel drug-drug interaction predictions (Section 5.6).
2 Related work
Related work on link prediction. Existing link prediction methods belong to one of the following
categories. (1) Heuristic or mechanistic methods (e.g., Lü and Zhou [2011], Menche et al. [2015], Durán et al.
[2018], Kovács et al. [2019]) calculate an index similarity score to measure the probability of a link given
the network structure around the two target nodes, such as Preferential Attachment (PA) [Barabási and
Albert, 1999] and Local Path Index (LP) [Lü et al., 2009]. However, these methods usually make strong
assumptions about the network structure and hence suffer from instability of performance [Lü and Zhou,
2011, Kovács et al., 2019]. (2) Direct embedding methods generate embeddings for every node in the network
capturing the node’s local network topology (e.g., Zitnik and Zupan [2015], Wang et al. [2018], Xu et al. [2019]).
A popular approach is to use random walks with a skip-gram model, such as DeepWalk [Perozzi et al., 2014],
node2vec [Grover and Leskovec, 2016], and LINE [Tang et al., 2015]. The other popular approach leverages
the spectral graph theory to generate a spectral embedding such as spectral clustering [Tang and Liu, 2011].
The generated node embeddings are then fed into a decoder classifier to predict the link existing probability.
(3) Neural embedding methods, such as Graph Neural Networks (GNNs) [Kipf and Welling, 2017, Hamilton
et al., 2017], Variational Graph Autoencoders (VGAE) [Kipf and Welling, 2016, Ma et al., 2018], and Graph
Attention Networks (GAT) [Veličković et al., 2018] use neighborhood message passing scheme to generate
node embeddings and these embeddings are directly optimized in an end-to-end manner by a link prediction
loss (e.g., cross-entropy). GNN-based methods have been shown to achieve state-of-the-art performance
across a variety of network datasets [Zhang and Chen, 2018, Kipf and Welling, 2016]. SkipGNN further
improves GNN-based methods by capturing the skip similarity that other GNN-based methods are incapable
of capturing.
Related work on molecular interaction prediction. In molecular interaction networks, the goal is to
predict if a given pair of biomedical entities such as proteins, drugs or diseases will interact. We can divide
methods for interaction prediction into three main groups. (1) Structural representation learning generates
embeddings for each entity using the entity’s structural representation, such as a compound’s molecular graph
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or a protein’s amino acid sequence. The embeddings of two entities are then combined and fed into a decoder
for prediction. For example, Tsubaki et al. [2019], Öztürk et al. [2018], Gao et al. [2018] use graph-convolutional
(GCN) and convolutional (CNN) networks on molecular graphs and gene sequence data to predict binding
of drugs to target proteins. Similarly, Huang et al. [2020], Ryu et al. [2018], Cheng and Zhao [2014] learn
embedding for drugs and concatenate embeddings of drug pairs to predict drug-drug interactions. (2)
Similarity-based learning is based on the assumption that entities with similar interaction patterns are likely
to interact. These methods devise a similarity measure (e.g., a graphlet-based signature of proteins in the PPI
network [Milenković and Pržulj, 2008]) and then use the measure to predict interactions based on how similar
a candidate interaction is to known interactions. A variety of techniques are used to aggregate similarity
values and score interactions, including matrix factorization [Zhang et al., 2018], clustering [Ferdousi et al.,
2017], and label propagation [Zhang et al., 2015]. (3) Finally, network relational learning views the task as a
network completion problem. It uses network structure together with side information about nodes to
complete the network and predict interactions [Zitnik et al., 2018a, Ma et al., 2018, Zitnik and Leskovec, 2017].
SkipGNN belongs to the structural representation learning category.
Background on Graph Neural Networks (GNNs). Next, we describe graph neural networks as they are
state-of-the-art models for link prediction and are also the focus of our study. The input to a GNN is the
network, represented by its adjacency matrix A. Most often, the goal (output) of the GNN is to learn an
embedding for each node in the network by capturing the network structure as well as node attributes.
GNN can be represented as a series of neighborhood aggregations layers (e.g., Kipf and Welling [2017]):
H(l+1) = σ (D˜− 12 A˜D˜− 12H(l)W), where H(l) is a matrix of node embeddings at the l-th layer, H(0) are input
node attributes,W is a trainable parameter matrix, σ is a non-linear activation function, and D˜ and A˜ are
the renormalized degree and adjacency matrices, defined as: A˜ = A + I and D˜ii =
∑
j A˜ij (I is the identity
matrix). The GNN propagates information across network neighborhoods and transforms the information
in a way that is most useful for a downstream prediction tasks, such as link prediction. However, GNN is
limited at capturing skip similarity, where SkipGNN utilizes an additional skip-graph to fully exploit this
important quality for biomedical interaction network.
3 Methods
SkipGNN is a graph neural network uniquely suited for molecular interactions. SkipGNN takes as input a
molecular interaction network and uses it to construct a skip graph, which is a second-order network repre-
sentation capturing the skip similarity. SkipGNN then specifies a novel graph neural network architecture
that fuses the original and the skip graph to accurately and robustly predict new molecular interactions.
Problem formulation. Consider an interaction network G on N nodes representing biomedical entities
V (e.g., drugs, proteins, or diseases) and M edges E representing interactions between the entities. For
example, G can be a drug-target interaction network recording information on how drugs bind to their
protein targets [Luo et al., 2017b]. For every pair of entities i and j, we denote their interaction with a binary
indicator eij ∈ {0, 1}, indicating the experimental evidence that i and j interact (i.e., eij = 1) or the absence of
evidence for interaction (i.e., eij = 0). We denote the adjacency matrix of G as A, where Aij is 1 if nodes i and
j are connected (eij = 1) in the graph and otherwise 0 (eij = 0). Further,D is the degree matrix, a diagonal
matrix, whereDii is the degree of node i.
Problem (Molecular Interaction Prediction). Given a molecular interaction network G = (V, E), we aim to
learn a mapping function f : E→ [0, 1] from edges to probabilities such that f (i, j) optimizes the probability that
nodes i and j interact.
3.1 Construction of the skip graph
Next, we describe skip graphs, the key novel representation of interaction networks that allow for effective
use of GNNs for predicting interactions. We realize Skip similarity by encouraging the GNNmodel to embed
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S(0)
<latexit sha1_base64="o9+BZbGGrk+MgI+ 6wE/SY5DcxZA=">AAACAnicbZC7TsMwFIadcivlFmBCLBYtUlmqpAuMFSyMRdCL1IbKcZ3Wq u1EtoNURRULr8LCAEKsPAUbb4OTZoCWX7L06T/nyOf8fsSo0o7zbRVWVtfWN4qbpa3tnd09e /+grcJYYtLCIQtl10eKMCpIS1PNSDeSBHGfkY4/uUrrnQciFQ3FnZ5GxONoJGhAMdLGGthHl T5HeuwHye3sPkPJk6pzNqsM7LJTczLBZXBzKINczYH91R+GOOZEaMyQUj3XibSXIKkpZmRW6 seKRAhP0Ij0DArEifKS7IQZPDXOEAahNE9omLm/JxLElZpy33SmS6rFWmr+V+vFOrjwEiqiW BOB5x8FMYM6hGkecEglwZpNDSAsqdkV4jGSCGuTWsmE4C6evAztes11au5Nvdy4zOMogmNwA qrABeegAa5BE7QABo/gGbyCN+vJerHerY95a8HKZw7BH1mfP2LvlsA=</latexit><latexit sha1_base64="o9+BZbGGrk+MgI+ 6wE/SY5DcxZA=">AAACAnicbZC7TsMwFIadcivlFmBCLBYtUlmqpAuMFSyMRdCL1IbKcZ3Wq u1EtoNURRULr8LCAEKsPAUbb4OTZoCWX7L06T/nyOf8fsSo0o7zbRVWVtfWN4qbpa3tnd09e /+grcJYYtLCIQtl10eKMCpIS1PNSDeSBHGfkY4/uUrrnQciFQ3FnZ5GxONoJGhAMdLGGthHl T5HeuwHye3sPkPJk6pzNqsM7LJTczLBZXBzKINczYH91R+GOOZEaMyQUj3XibSXIKkpZmRW6 seKRAhP0Ij0DArEifKS7IQZPDXOEAahNE9omLm/JxLElZpy33SmS6rFWmr+V+vFOrjwEiqiW BOB5x8FMYM6hGkecEglwZpNDSAsqdkV4jGSCGuTWsmE4C6evAztes11au5Nvdy4zOMogmNwA qrABeegAa5BE7QABo/gGbyCN+vJerHerY95a8HKZw7BH1mfP2LvlsA=</latexit><latexit sha1_base64="o9+BZbGGrk+MgI+ 6wE/SY5DcxZA=">AAACAnicbZC7TsMwFIadcivlFmBCLBYtUlmqpAuMFSyMRdCL1IbKcZ3Wq u1EtoNURRULr8LCAEKsPAUbb4OTZoCWX7L06T/nyOf8fsSo0o7zbRVWVtfWN4qbpa3tnd09e /+grcJYYtLCIQtl10eKMCpIS1PNSDeSBHGfkY4/uUrrnQciFQ3FnZ5GxONoJGhAMdLGGthHl T5HeuwHye3sPkPJk6pzNqsM7LJTczLBZXBzKINczYH91R+GOOZEaMyQUj3XibSXIKkpZmRW6 seKRAhP0Ij0DArEifKS7IQZPDXOEAahNE9omLm/JxLElZpy33SmS6rFWmr+V+vFOrjwEiqiW BOB5x8FMYM6hGkecEglwZpNDSAsqdkV4jGSCGuTWsmE4C6evAztes11au5Nvdy4zOMogmNwA qrABeegAa5BE7QABo/gGbyCN+vJerHerY95a8HKZw7BH1mfP2LvlsA=</latexit><latexit sha1_base64="o9+BZbGGrk+MgI+ 6wE/SY5DcxZA=">AAACAnicbZC7TsMwFIadcivlFmBCLBYtUlmqpAuMFSyMRdCL1IbKcZ3Wq u1EtoNURRULr8LCAEKsPAUbb4OTZoCWX7L06T/nyOf8fsSo0o7zbRVWVtfWN4qbpa3tnd09e /+grcJYYtLCIQtl10eKMCpIS1PNSDeSBHGfkY4/uUrrnQciFQ3FnZ5GxONoJGhAMdLGGthHl T5HeuwHye3sPkPJk6pzNqsM7LJTczLBZXBzKINczYH91R+GOOZEaMyQUj3XibSXIKkpZmRW6 seKRAhP0Ij0DArEifKS7IQZPDXOEAahNE9omLm/JxLElZpy33SmS6rFWmr+V+vFOrjwEiqiW BOB5x8FMYM6hGkecEglwZpNDSAsqdkV4jGSCGuTWsmE4C6evAztes11au5Nvdy4zOMogmNwA qrABeegAa5BE7QABo/gGbyCN+vJerHerY95a8HKZw7BH1mfP2LvlsA=</latexit>
E<latexit sha1_base64="s+tQPA7w/zOVFCfL7cE8xOd58Lc=">AAAB83icbVDLSsN AFL2pr1pfVZduBlvBVUm60WVRBJcV7AOaUCbTSTt0MgnzEErob7hxoYhbf8adf+OkzUJbDwwczrmXe+aEKWdKu+63U9rY3NreKe9W9vYPDo+qxyddlRhJaIckPJH9ECvKmaA dzTSn/VRSHIec9sLpbe73nqhULBGPepbSIMZjwSJGsLaSX/djrCdhlN3N68NqzW24C6B14hWkBgXaw+qXP0qIianQhGOlBp6b6iDDUjPC6bziG0VTTKZ4TAeWChxTFWSLzHN0 YZURihJpn9Boof7eyHCs1CwO7WQeUa16ufifNzA6ug4yJlKjqSDLQ5HhSCcoLwCNmKRE85klmEhmsyIywRITbWuq2BK81S+vk26z4bkN76FZa90UdZThDM7hEjy4ghbcQxs6 QCCFZ3iFN8c4L86787EcLTnFzin8gfP5A2vOkUM=</latexit><latexit sha1_base64="s+tQPA7w/zOVFCfL7cE8xOd58Lc=">AAAB83icbVDLSsN AFL2pr1pfVZduBlvBVUm60WVRBJcV7AOaUCbTSTt0MgnzEErob7hxoYhbf8adf+OkzUJbDwwczrmXe+aEKWdKu+63U9rY3NreKe9W9vYPDo+qxyddlRhJaIckPJH9ECvKmaA dzTSn/VRSHIec9sLpbe73nqhULBGPepbSIMZjwSJGsLaSX/djrCdhlN3N68NqzW24C6B14hWkBgXaw+qXP0qIianQhGOlBp6b6iDDUjPC6bziG0VTTKZ4TAeWChxTFWSLzHN0 YZURihJpn9Boof7eyHCs1CwO7WQeUa16ufifNzA6ug4yJlKjqSDLQ5HhSCcoLwCNmKRE85klmEhmsyIywRITbWuq2BK81S+vk26z4bkN76FZa90UdZThDM7hEjy4ghbcQxs6 QCCFZ3iFN8c4L86787EcLTnFzin8gfP5A2vOkUM=</latexit><latexit sha1_base64="s+tQPA7w/zOVFCfL7cE8xOd58Lc=">AAAB83icbVDLSsN AFL2pr1pfVZduBlvBVUm60WVRBJcV7AOaUCbTSTt0MgnzEErob7hxoYhbf8adf+OkzUJbDwwczrmXe+aEKWdKu+63U9rY3NreKe9W9vYPDo+qxyddlRhJaIckPJH9ECvKmaA dzTSn/VRSHIec9sLpbe73nqhULBGPepbSIMZjwSJGsLaSX/djrCdhlN3N68NqzW24C6B14hWkBgXaw+qXP0qIianQhGOlBp6b6iDDUjPC6bziG0VTTKZ4TAeWChxTFWSLzHN0 YZURihJpn9Boof7eyHCs1CwO7WQeUa16ufifNzA6ug4yJlKjqSDLQ5HhSCcoLwCNmKRE85klmEhmsyIywRITbWuq2BK81S+vk26z4bkN76FZa90UdZThDM7hEjy4ghbcQxs6 QCCFZ3iFN8c4L86787EcLTnFzin8gfP5A2vOkUM=</latexit><latexit sha1_base64="s+tQPA7w/zOVFCfL7cE8xOd58Lc=">AAAB83icbVDLSsN AFL2pr1pfVZduBlvBVUm60WVRBJcV7AOaUCbTSTt0MgnzEErob7hxoYhbf8adf+OkzUJbDwwczrmXe+aEKWdKu+63U9rY3NreKe9W9vYPDo+qxyddlRhJaIckPJH9ECvKmaA dzTSn/VRSHIec9sLpbe73nqhULBGPepbSIMZjwSJGsLaSX/djrCdhlN3N68NqzW24C6B14hWkBgXaw+qXP0qIianQhGOlBp6b6iDDUjPC6bziG0VTTKZ4TAeWChxTFWSLzHN0 YZURihJpn9Boof7eyHCs1CwO7WQeUa16ufifNzA6ug4yJlKjqSDLQ5HhSCcoLwCNmKRE85klmEhmsyIywRITbWuq2BK81S+vk26z4bkN76FZa90UdZThDM7hEjy4ghbcQxs6 QCCFZ3iFN8c4L86787EcLTnFzin8gfP5A2vOkUM=</latexit>
?
?
 
<latexit sha1_base64="Gyh vOmYJNyv55T+MPYdIeuMzy+U=">AAAB73icbVDLTgJBEOzFF +IL9ehlIph4Irtc9Ej04hETeSSwIbPDLEyYnVnnYUI2/IQXD xrj1d/x5t84wB4UrKSTSlV3uruilDNtfP/bK2xsbm3vFHdLe /sHh0fl45O2llYR2iKSS9WNsKacCdoyzHDaTRXFScRpJ5rcz v3OE1WaSfFgpikNEzwSLGYEGyd1q32Zcqurg3LFr/kLoHUS5 KQCOZqD8ld/KIlNqDCEY617gZ+aMMPKMMLprNS3mqaYTPCI9 hwVOKE6zBb3ztCFU4YolsqVMGih/p7IcKL1NIlcZ4LNWK96c /E/r2dNfB1mTKTWUEGWi2LLkZFo/jwaMkWJ4VNHMFHM3YrIG CtMjIuo5EIIVl9eJ+16LfBrwX290rjJ4yjCGZzDJQRwBQ24g ya0gACHZ3iFN+/Re/HevY9la8HLZ07hD7zPH4n2j58=</lat exit><latexit sha1_base64="Gyh vOmYJNyv55T+MPYdIeuMzy+U=">AAAB73icbVDLTgJBEOzFF +IL9ehlIph4Irtc9Ej04hETeSSwIbPDLEyYnVnnYUI2/IQXD xrj1d/x5t84wB4UrKSTSlV3uruilDNtfP/bK2xsbm3vFHdLe /sHh0fl45O2llYR2iKSS9WNsKacCdoyzHDaTRXFScRpJ5rcz v3OE1WaSfFgpikNEzwSLGYEGyd1q32Zcqurg3LFr/kLoHUS5 KQCOZqD8ld/KIlNqDCEY617gZ+aMMPKMMLprNS3mqaYTPCI9 hwVOKE6zBb3ztCFU4YolsqVMGih/p7IcKL1NIlcZ4LNWK96c /E/r2dNfB1mTKTWUEGWi2LLkZFo/jwaMkWJ4VNHMFHM3YrIG CtMjIuo5EIIVl9eJ+16LfBrwX290rjJ4yjCGZzDJQRwBQ24g ya0gACHZ3iFN+/Re/HevY9la8HLZ07hD7zPH4n2j58=</lat exit><latexit sha1_base64="Gyh vOmYJNyv55T+MPYdIeuMzy+U=">AAAB73icbVDLTgJBEOzFF +IL9ehlIph4Irtc9Ej04hETeSSwIbPDLEyYnVnnYUI2/IQXD xrj1d/x5t84wB4UrKSTSlV3uruilDNtfP/bK2xsbm3vFHdLe /sHh0fl45O2llYR2iKSS9WNsKacCdoyzHDaTRXFScRpJ5rcz v3OE1WaSfFgpikNEzwSLGYEGyd1q32Zcqurg3LFr/kLoHUS5 KQCOZqD8ld/KIlNqDCEY617gZ+aMMPKMMLprNS3mqaYTPCI9 hwVOKE6zBb3ztCFU4YolsqVMGih/p7IcKL1NIlcZ4LNWK96c /E/r2dNfB1mTKTWUEGWi2LLkZFo/jwaMkWJ4VNHMFHM3YrIG CtMjIuo5EIIVl9eJ+16LfBrwX290rjJ4yjCGZzDJQRwBQ24g ya0gACHZ3iFN+/Re/HevY9la8HLZ07hD7zPH4n2j58=</lat exit><latexit sha1_base64="hP+ 6LrUf2d3tZaldqaQQvEKMXyw=">AAAB2XicbZDNSgMxFIXv1 L86Vq1rN8EiuCozbnQpuHFZwbZCO5RM5k4bmskMyR2hDH0BF 25EfC93vo3pz0JbDwQ+zknIvSculLQUBN9ebWd3b/+gfugfN fzjk9Nmo2fz0gjsilzl5jnmFpXU2CVJCp8LgzyLFfbj6f0i7 7+gsTLXTzQrMMr4WMtUCk7O6oyaraAdLMW2IVxDC9YaNb+GS S7KDDUJxa0dhEFBUcUNSaFw7g9LiwUXUz7GgUPNM7RRtRxzz i6dk7A0N+5oYkv394uKZ9bOstjdzDhN7Ga2MP/LBiWlt1Eld VESarH6KC0Vo5wtdmaJNChIzRxwYaSblYkJN1yQa8Z3HYSbG 29D77odBu3wMYA6nMMFXEEIN3AHD9CBLghI4BXevYn35n2su qp569LO4I+8zx84xIo4</latexit><latexit sha1_base64="bPP NCA8Y2Iv03r0caT6/HQfdXPo=">AAAB5HicbZDNSgMxFIXv1 L9aq1a3boKt4KrMuNGl4MZlBfsD7VAyaaYNzSRjckcoQ1/Cj QtFfCZ3vo2ZtgttPRD4OCch954olcKi7397pa3tnd298n7lo Hp4dFw7qXaszgzjbaalNr2IWi6F4m0UKHkvNZwmkeTdaHpX5 N1nbqzQ6hFnKQ8TOlYiFoyis3qNgU5lZhvDWt1v+guRTQhWU IeVWsPa12CkWZZwhUxSa/uBn2KYU4OCST6vDDLLU8qmdMz7D hVNuA3zxbxzcuGcEYm1cUchWbi/X+Q0sXaWRO5mQnFi17PC/ C/rZxjfhLlQaYZcseVHcSYJalIsT0bCcIZy5oAyI9yshE2oo QxdRRVXQrC+8iZ0rpqB3wwefCjDGZzDJQRwDbdwDy1oAwMJL /AG796T9+p9LOsqeaveTuGPvM8fWhuORw==</latexit><latexit sha1_base64="bPP NCA8Y2Iv03r0caT6/HQfdXPo=">AAAB5HicbZDNSgMxFIXv1 L9aq1a3boKt4KrMuNGl4MZlBfsD7VAyaaYNzSRjckcoQ1/Cj QtFfCZ3vo2ZtgttPRD4OCch954olcKi7397pa3tnd298n7lo Hp4dFw7qXaszgzjbaalNr2IWi6F4m0UKHkvNZwmkeTdaHpX5 N1nbqzQ6hFnKQ8TOlYiFoyis3qNgU5lZhvDWt1v+guRTQhWU IeVWsPa12CkWZZwhUxSa/uBn2KYU4OCST6vDDLLU8qmdMz7D hVNuA3zxbxzcuGcEYm1cUchWbi/X+Q0sXaWRO5mQnFi17PC/ C/rZxjfhLlQaYZcseVHcSYJalIsT0bCcIZy5oAyI9yshE2oo QxdRRVXQrC+8iZ0rpqB3wwefCjDGZzDJQRwDbdwDy1oAwMJL /AG796T9+p9LOsqeaveTuGPvM8fWhuORw==</latexit><latexit sha1_base64="UkD sLDycWcSjnx3+FHwUJPzmxBY=">AAAB73icbVA9SwNBEJ3zM 8avqKXNYiJYhTsbLYM2lhHMByRH2NtskiV7u+funBCO/AkbC 0Vs/Tt2/hs3yRWa+GDg8d4MM/OiRAqLvv/tra1vbG5tF3aKu 3v7B4elo+Om1alhvMG01KYdUculULyBAiVvJ4bTOJK8FY1vZ 37riRsrtHrAScLDmA6VGAhG0UntSlcnMrWVXqnsV/05yCoJc lKGHPVe6avb1yyNuUImqbWdwE8wzKhBwSSfFrup5QllYzrkH UcVjbkNs/m9U3LulD4ZaONKIZmrvycyGls7iSPXGVMc2WVvJ v7ndVIcXIeZUEmKXLHFokEqCWoye570heEM5cQRyoxwtxI2o oYydBEVXQjB8surpHlZDfxqcO+Xazd5HAU4hTO4gACuoAZ3U IcGMJDwDK/w5j16L96797FoXfPymRP4A+/zB4lWj50=</lat exit><latexit sha1_base64="Gyh vOmYJNyv55T+MPYdIeuMzy+U=">AAAB73icbVDLTgJBEOzFF +IL9ehlIph4Irtc9Ej04hETeSSwIbPDLEyYnVnnYUI2/IQXD xrj1d/x5t84wB4UrKSTSlV3uruilDNtfP/bK2xsbm3vFHdLe /sHh0fl45O2llYR2iKSS9WNsKacCdoyzHDaTRXFScRpJ5rcz v3OE1WaSfFgpikNEzwSLGYEGyd1q32Zcqurg3LFr/kLoHUS5 KQCOZqD8ld/KIlNqDCEY617gZ+aMMPKMMLprNS3mqaYTPCI9 hwVOKE6zBb3ztCFU4YolsqVMGih/p7IcKL1NIlcZ4LNWK96c /E/r2dNfB1mTKTWUEGWi2LLkZFo/jwaMkWJ4VNHMFHM3YrIG CtMjIuo5EIIVl9eJ+16LfBrwX290rjJ4yjCGZzDJQRwBQ24g ya0gACHZ3iFN+/Re/HevY9la8HLZ07hD7zPH4n2j58=</lat exit><latexit sha1_base64="Gyh vOmYJNyv55T+MPYdIeuMzy+U=">AAAB73icbVDLTgJBEOzFF +IL9ehlIph4Irtc9Ej04hETeSSwIbPDLEyYnVnnYUI2/IQXD xrj1d/x5t84wB4UrKSTSlV3uruilDNtfP/bK2xsbm3vFHdLe /sHh0fl45O2llYR2iKSS9WNsKacCdoyzHDaTRXFScRpJ5rcz v3OE1WaSfFgpikNEzwSLGYEGyd1q32Zcqurg3LFr/kLoHUS5 KQCOZqD8ld/KIlNqDCEY617gZ+aMMPKMMLprNS3mqaYTPCI9 hwVOKE6zBb3ztCFU4YolsqVMGih/p7IcKL1NIlcZ4LNWK96c /E/r2dNfB1mTKTWUEGWi2LLkZFo/jwaMkWJ4VNHMFHM3YrIG CtMjIuo5EIIVl9eJ+16LfBrwX290rjJ4yjCGZzDJQRwBQ24g ya0gACHZ3iFN+/Re/HevY9la8HLZ07hD7zPH4n2j58=</lat exit><latexit sha1_base64="Gyh vOmYJNyv55T+MPYdIeuMzy+U=">AAAB73icbVDLTgJBEOzFF +IL9ehlIph4Irtc9Ej04hETeSSwIbPDLEyYnVnnYUI2/IQXD xrj1d/x5t84wB4UrKSTSlV3uruilDNtfP/bK2xsbm3vFHdLe /sHh0fl45O2llYR2iKSS9WNsKacCdoyzHDaTRXFScRpJ5rcz v3OE1WaSfFgpikNEzwSLGYEGyd1q32Zcqurg3LFr/kLoHUS5 KQCOZqD8ld/KIlNqDCEY617gZ+aMMPKMMLprNS3mqaYTPCI9 hwVOKE6zBb3ztCFU4YolsqVMGih/p7IcKL1NIlcZ4LNWK96c /E/r2dNfB1mTKTWUEGWi2LLkZFo/jwaMkWJ4VNHMFHM3YrIG CtMjIuo5EIIVl9eJ+16LfBrwX290rjJ4yjCGZzDJQRwBQ24g ya0gACHZ3iFN+/Re/HevY9la8HLZ07hD7zPH4n2j58=</lat exit><latexit sha1_base64="Gyh vOmYJNyv55T+MPYdIeuMzy+U=">AAAB73icbVDLTgJBEOzFF +IL9ehlIph4Irtc9Ej04hETeSSwIbPDLEyYnVnnYUI2/IQXD xrj1d/x5t84wB4UrKSTSlV3uruilDNtfP/bK2xsbm3vFHdLe /sHh0fl45O2llYR2iKSS9WNsKacCdoyzHDaTRXFScRpJ5rcz v3OE1WaSfFgpikNEzwSLGYEGyd1q32Zcqurg3LFr/kLoHUS5 KQCOZqD8ld/KIlNqDCEY617gZ+aMMPKMMLprNS3mqaYTPCI9 hwVOKE6zBb3ztCFU4YolsqVMGih/p7IcKL1NIlcZ4LNWK96c /E/r2dNfB1mTKTWUEGWi2LLkZFo/jwaMkWJ4VNHMFHM3YrIG CtMjIuo5EIIVl9eJ+16LfBrwX290rjJ4yjCGZzDJQRwBQ24g ya0gACHZ3iFN+/Re/HevY9la8HLZ07hD7zPH4n2j58=</lat exit><latexit sha1_base64="Gyh vOmYJNyv55T+MPYdIeuMzy+U=">AAAB73icbVDLTgJBEOzFF +IL9ehlIph4Irtc9Ej04hETeSSwIbPDLEyYnVnnYUI2/IQXD xrj1d/x5t84wB4UrKSTSlV3uruilDNtfP/bK2xsbm3vFHdLe /sHh0fl45O2llYR2iKSS9WNsKacCdoyzHDaTRXFScRpJ5rcz v3OE1WaSfFgpikNEzwSLGYEGyd1q32Zcqurg3LFr/kLoHUS5 KQCOZqD8ld/KIlNqDCEY617gZ+aMMPKMMLprNS3mqaYTPCI9 hwVOKE6zBb3ztCFU4YolsqVMGih/p7IcKL1NIlcZ4LNWK96c /E/r2dNfB1mTKTWUEGWi2LLkZFo/jwaMkWJ4VNHMFHM3YrIG CtMjIuo5EIIVl9eJ+16LfBrwX290rjJ4yjCGZzDJQRwBQ24g ya0gACHZ3iFN+/Re/HevY9la8HLZ07hD7zPH4n2j58=</lat exit><latexit sha1_base64="Gyh vOmYJNyv55T+MPYdIeuMzy+U=">AAAB73icbVDLTgJBEOzFF +IL9ehlIph4Irtc9Ej04hETeSSwIbPDLEyYnVnnYUI2/IQXD xrj1d/x5t84wB4UrKSTSlV3uruilDNtfP/bK2xsbm3vFHdLe /sHh0fl45O2llYR2iKSS9WNsKacCdoyzHDaTRXFScRpJ5rcz v3OE1WaSfFgpikNEzwSLGYEGyd1q32Zcqurg3LFr/kLoHUS5 KQCOZqD8ld/KIlNqDCEY617gZ+aMMPKMMLprNS3mqaYTPCI9 hwVOKE6zBb3ztCFU4YolsqVMGih/p7IcKL1NIlcZ4LNWK96c /E/r2dNfB1mTKTWUEGWi2LLkZFo/jwaMkWJ4VNHMFHM3YrIG CtMjIuo5EIIVl9eJ+16LfBrwX290rjJ4yjCGZzDJQRwBQ24g ya0gACHZ3iFN+/Re/HevY9la8HLZ07hD7zPH4n2j58=</lat exit>
 
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Wd
<latexit sha1_base64="0rQahC2QGeKMZoI/kCsIN7/ewME=">AAACAHicbZDLSsNAFIZP6q3WW9SFCzfBVnBVkm50WXTjsoK9QBvCZDJph04mYWYilJCNr+LGhSJufQx3vo2TNoK2/jDw8Z9zmHN+P2FUKtv+Mipr6 xubW9Xt2s7u3v6BeXjUk3EqMOnimMVi4CNJGOWkq6hiZJAIgiKfkb4/vSnq/QciJI35vZolxI3QmNOQYqS05ZknjVGE1MQPs37u/WCQNzyzbjftuaxVcEqoQ6mOZ36OghinEeEKMyTl0LET5WZIKIoZyWujVJIE4Skak6FGjiIi3Wx+QG6dayewwljox5U1d39PZCiSchb5urNYUS7XCvO/2jBV4ZWbUZ6kinC8+ChMmaViq0jDCqggWLGZBoQF1btaeIIEwkpnVtMhOMsnr0Kv1XTspnPXqrevyziqcApncAEOXEIbbqEDXcCQwxO8wKvxaDwbb8 b7orVilDPH8EfGxzfAZ5Z9</latexit><latexit sha1_base64="0rQahC2QGeKMZoI/kCsIN7/ewME=">AAACAHicbZDLSsNAFIZP6q3WW9SFCzfBVnBVkm50WXTjsoK9QBvCZDJph04mYWYilJCNr+LGhSJufQx3vo2TNoK2/jDw8Z9zmHN+P2FUKtv+Mipr6 xubW9Xt2s7u3v6BeXjUk3EqMOnimMVi4CNJGOWkq6hiZJAIgiKfkb4/vSnq/QciJI35vZolxI3QmNOQYqS05ZknjVGE1MQPs37u/WCQNzyzbjftuaxVcEqoQ6mOZ36OghinEeEKMyTl0LET5WZIKIoZyWujVJIE4Skak6FGjiIi3Wx+QG6dayewwljox5U1d39PZCiSchb5urNYUS7XCvO/2jBV4ZWbUZ6kinC8+ChMmaViq0jDCqggWLGZBoQF1btaeIIEwkpnVtMhOMsnr0Kv1XTspnPXqrevyziqcApncAEOXEIbbqEDXcCQwxO8wKvxaDwbb8 b7orVilDPH8EfGxzfAZ5Z9</latexit><latexit sha1_base64="0rQahC2QGeKMZoI/kCsIN7/ewME=">AAACAHicbZDLSsNAFIZP6q3WW9SFCzfBVnBVkm50WXTjsoK9QBvCZDJph04mYWYilJCNr+LGhSJufQx3vo2TNoK2/jDw8Z9zmHN+P2FUKtv+Mipr6 xubW9Xt2s7u3v6BeXjUk3EqMOnimMVi4CNJGOWkq6hiZJAIgiKfkb4/vSnq/QciJI35vZolxI3QmNOQYqS05ZknjVGE1MQPs37u/WCQNzyzbjftuaxVcEqoQ6mOZ36OghinEeEKMyTl0LET5WZIKIoZyWujVJIE4Skak6FGjiIi3Wx+QG6dayewwljox5U1d39PZCiSchb5urNYUS7XCvO/2jBV4ZWbUZ6kinC8+ChMmaViq0jDCqggWLGZBoQF1btaeIIEwkpnVtMhOMsnr0Kv1XTspnPXqrevyziqcApncAEOXEIbbqEDXcCQwxO8wKvxaDwbb8 b7orVilDPH8EfGxzfAZ5Z9</latexit><latexit sha1_base64="0rQahC2QGeKMZoI/kCsIN7/ewME=">AAACAHicbZDLSsNAFIZP6q3WW9SFCzfBVnBVkm50WXTjsoK9QBvCZDJph04mYWYilJCNr+LGhSJufQx3vo2TNoK2/jDw8Z9zmHN+P2FUKtv+Mipr6 xubW9Xt2s7u3v6BeXjUk3EqMOnimMVi4CNJGOWkq6hiZJAIgiKfkb4/vSnq/QciJI35vZolxI3QmNOQYqS05ZknjVGE1MQPs37u/WCQNzyzbjftuaxVcEqoQ6mOZ36OghinEeEKMyTl0LET5WZIKIoZyWujVJIE4Skak6FGjiIi3Wx+QG6dayewwljox5U1d39PZCiSchb5urNYUS7XCvO/2jBV4ZWbUZ6kinC8+ChMmaViq0jDCqggWLGZBoQF1btaeIIEwkpnVtMhOMsnr0Kv1XTspnPXqrevyziqcApncAEOXEIbbqEDXcCQwxO8wKvxaDwbb8 b7orVilDPH8EfGxzfAZ5Z9</latexit>
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o
<latexit sha1_base64="8ywB/dxatgmQIt9AZeBRO9+FbV0 =">AAACDXicbZDLSsNAFIYnXmu9RV26CbZC3ZSkG10W3bisYC/QxjCZTtqhcwkzE6GEvIAbX8WNC0Xcunfn2zhNI2jrDwMf/z mHOecPY0qUdt0va2V1bX1js7RV3t7Z3du3Dw47SiQS4TYSVMheCBWmhOO2JpriXiwxZCHF3XByNat377FURPBbPY2xz+CIk4g gqI0V2NXqgEE9DqO0mwU/KLK7HCVLa+5ZVg3silt3cznL4BVQAYVagf05GAqUMMw1olCpvufG2k+h1ARRnJUHicIxRBM4wn2D HDKs/DS/JnNOjTN0IiHN49rJ3d8TKWRKTVloOmdLqsXazPyv1k90dOGnhMeJxhzNP4oS6mjhzKJxhkRipOnUAESSmF0dNIYSIm 0CLJsQvMWTl6HTqHtu3btpVJqXRRwlcAxOQA144Bw0wTVogTZA4AE8gRfwaj1az9ab9T5vXbGKmSPwR9bHN3h0m8Y=</latex it><latexit sha1_base64="8ywB/dxatgmQIt9AZeBRO9+FbV0 =">AAACDXicbZDLSsNAFIYnXmu9RV26CbZC3ZSkG10W3bisYC/QxjCZTtqhcwkzE6GEvIAbX8WNC0Xcunfn2zhNI2jrDwMf/z mHOecPY0qUdt0va2V1bX1js7RV3t7Z3du3Dw47SiQS4TYSVMheCBWmhOO2JpriXiwxZCHF3XByNat377FURPBbPY2xz+CIk4g gqI0V2NXqgEE9DqO0mwU/KLK7HCVLa+5ZVg3silt3cznL4BVQAYVagf05GAqUMMw1olCpvufG2k+h1ARRnJUHicIxRBM4wn2D HDKs/DS/JnNOjTN0IiHN49rJ3d8TKWRKTVloOmdLqsXazPyv1k90dOGnhMeJxhzNP4oS6mjhzKJxhkRipOnUAESSmF0dNIYSIm 0CLJsQvMWTl6HTqHtu3btpVJqXRRwlcAxOQA144Bw0wTVogTZA4AE8gRfwaj1az9ab9T5vXbGKmSPwR9bHN3h0m8Y=</latex it><latexit sha1_base64="8ywB/dxatgmQIt9AZeBRO9+FbV0 =">AAACDXicbZDLSsNAFIYnXmu9RV26CbZC3ZSkG10W3bisYC/QxjCZTtqhcwkzE6GEvIAbX8WNC0Xcunfn2zhNI2jrDwMf/z mHOecPY0qUdt0va2V1bX1js7RV3t7Z3du3Dw47SiQS4TYSVMheCBWmhOO2JpriXiwxZCHF3XByNat377FURPBbPY2xz+CIk4g gqI0V2NXqgEE9DqO0mwU/KLK7HCVLa+5ZVg3silt3cznL4BVQAYVagf05GAqUMMw1olCpvufG2k+h1ARRnJUHicIxRBM4wn2D HDKs/DS/JnNOjTN0IiHN49rJ3d8TKWRKTVloOmdLqsXazPyv1k90dOGnhMeJxhzNP4oS6mjhzKJxhkRipOnUAESSmF0dNIYSIm 0CLJsQvMWTl6HTqHtu3btpVJqXRRwlcAxOQA144Bw0wTVogTZA4AE8gRfwaj1az9ab9T5vXbGKmSPwR9bHN3h0m8Y=</latex it><latexit sha1_base64="8ywB/dxatgmQIt9AZeBRO9+FbV0 =">AAACDXicbZDLSsNAFIYnXmu9RV26CbZC3ZSkG10W3bisYC/QxjCZTtqhcwkzE6GEvIAbX8WNC0Xcunfn2zhNI2jrDwMf/z mHOecPY0qUdt0va2V1bX1js7RV3t7Z3du3Dw47SiQS4TYSVMheCBWmhOO2JpriXiwxZCHF3XByNat377FURPBbPY2xz+CIk4g gqI0V2NXqgEE9DqO0mwU/KLK7HCVLa+5ZVg3silt3cznL4BVQAYVagf05GAqUMMw1olCpvufG2k+h1ARRnJUHicIxRBM4wn2D HDKs/DS/JnNOjTN0IiHN49rJ3d8TKWRKTVloOmdLqsXazPyv1k90dOGnhMeJxhzNP4oS6mjhzKJxhkRipOnUAESSmF0dNIYSIm 0CLJsQvMWTl6HTqHtu3btpVJqXRRwlcAxOQA144Bw0wTVogTZA4AE8gRfwaj1az9ab9T5vXbGKmSPwR9bHN3h0m8Y=</latex it>
W
(0)
s
<latexit sha1_base64="yez5/vxOn/dMXb9lhVCHzqi7tDw =">AAACDXicbZC7TsMwFIYdrqXcAowsFi1SWaqkC4wVLIxFohepDZHjOq1V24lsB6mK8gIsvAoLAwixsrPxNrhpkKDllyx9+ s858jl/EDOqtON8WSura+sbm6Wt8vbO7t6+fXDYUVEiMWnjiEWyFyBFGBWkralmpBdLgnjASDeYXM3q3XsiFY3ErZ7GxONoJ GhIMdLG8u1qdcCRHgdh2s38H1TZXY6SpzXnLKv6dsWpO7ngMrgFVEChlm9/DoYRTjgRGjOkVN91Yu2lSGqKGcnKg0SRGOEJG pG+QYE4UV6aX5PBU+MMYRhJ84SGuft7IkVcqSkPTOdsSbVYm5n/1fqJDi+8lIo40UTg+UdhwqCO4CwaOKSSYM2mBhCW1OwK8 RhJhLUJsGxCcBdPXoZOo+46dfemUWleFnGUwDE4ATXggnPQBNegBdoAgwfwBF7Aq/VoPVtv1vu8dcUqZo7AH1kf337Am8o=< /latexit><latexit sha1_base64="yez5/vxOn/dMXb9lhVCHzqi7tDw =">AAACDXicbZC7TsMwFIYdrqXcAowsFi1SWaqkC4wVLIxFohepDZHjOq1V24lsB6mK8gIsvAoLAwixsrPxNrhpkKDllyx9+ s858jl/EDOqtON8WSura+sbm6Wt8vbO7t6+fXDYUVEiMWnjiEWyFyBFGBWkralmpBdLgnjASDeYXM3q3XsiFY3ErZ7GxONoJ GhIMdLG8u1qdcCRHgdh2s38H1TZXY6SpzXnLKv6dsWpO7ngMrgFVEChlm9/DoYRTjgRGjOkVN91Yu2lSGqKGcnKg0SRGOEJG pG+QYE4UV6aX5PBU+MMYRhJ84SGuft7IkVcqSkPTOdsSbVYm5n/1fqJDi+8lIo40UTg+UdhwqCO4CwaOKSSYM2mBhCW1OwK8 RhJhLUJsGxCcBdPXoZOo+46dfemUWleFnGUwDE4ATXggnPQBNegBdoAgwfwBF7Aq/VoPVtv1vu8dcUqZo7AH1kf337Am8o=< /latexit><latexit sha1_base64="yez5/vxOn/dMXb9lhVCHzqi7tDw =">AAACDXicbZC7TsMwFIYdrqXcAowsFi1SWaqkC4wVLIxFohepDZHjOq1V24lsB6mK8gIsvAoLAwixsrPxNrhpkKDllyx9+ s858jl/EDOqtON8WSura+sbm6Wt8vbO7t6+fXDYUVEiMWnjiEWyFyBFGBWkralmpBdLgnjASDeYXM3q3XsiFY3ErZ7GxONoJ GhIMdLG8u1qdcCRHgdh2s38H1TZXY6SpzXnLKv6dsWpO7ngMrgFVEChlm9/DoYRTjgRGjOkVN91Yu2lSGqKGcnKg0SRGOEJG pG+QYE4UV6aX5PBU+MMYRhJ84SGuft7IkVcqSkPTOdsSbVYm5n/1fqJDi+8lIo40UTg+UdhwqCO4CwaOKSSYM2mBhCW1OwK8 RhJhLUJsGxCcBdPXoZOo+46dfemUWleFnGUwDE4ATXggnPQBNegBdoAgwfwBF7Aq/VoPVtv1vu8dcUqZo7AH1kf337Am8o=< /latexit><latexit sha1_base64="yez5/vxOn/dMXb9lhVCHzqi7tDw =">AAACDXicbZC7TsMwFIYdrqXcAowsFi1SWaqkC4wVLIxFohepDZHjOq1V24lsB6mK8gIsvAoLAwixsrPxNrhpkKDllyx9+ s858jl/EDOqtON8WSura+sbm6Wt8vbO7t6+fXDYUVEiMWnjiEWyFyBFGBWkralmpBdLgnjASDeYXM3q3XsiFY3ErZ7GxONoJ GhIMdLG8u1qdcCRHgdh2s38H1TZXY6SpzXnLKv6dsWpO7ngMrgFVEChlm9/DoYRTjgRGjOkVN91Yu2lSGqKGcnKg0SRGOEJG pG+QYE4UV6aX5PBU+MMYRhJ84SGuft7IkVcqSkPTOdsSbVYm5n/1fqJDi+8lIo40UTg+UdhwqCO4CwaOKSSYM2mBhCW1OwK8 RhJhLUJsGxCcBdPXoZOo+46dfemUWleFnGUwDE4ATXggnPQBNegBdoAgwfwBF7Aq/VoPVtv1vu8dcUqZo7AH1kf337Am8o=< /latexit>
W
0(0)
s<latexit sha1_base64="eZlGBgAYBhv5GnOEm51sQhRE3Xo=">AAACDnicbZC9TsMwFIWd8lfKX4CRxaKtKEuVdIGxgoWxSLR FakPkuE5r1U4i20GqojwBC6/CwgBCrMxsvA1OGiRoOZKlT+feK997vIhRqSzryyitrK6tb5Q3K1vbO7t75v5BT4axwKSLQxaKWw9JwmhAuooqRm4jQRD3GOl708us3r8nQtIwuFGziDgcjQPqU4yUtlyzXhtypCaen/RT9wdlepej4MlJwzpNa65ZtZpWLrgMdgF VUKjjmp/DUYhjTgKFGZJyYFuRchIkFMWMpJVhLEmE8BSNyUBjgDiRTpKfk8K6dkbQD4V+gYK5+3siQVzKGfd0Z7alXKxl5n+1Qaz8cyehQRQrEuD5R37MoAphlg0cUUGwYjMNCAuqd4V4ggTCSidY0SHYiycvQ6/VtK2mfd2qti+KOMrgCByDBrDBGWiDK9ABXYD BA3gCL+DVeDSejTfjfd5aMoqZQ/BHxsc37H+b+w==</latexit><latexit sha1_base64="eZlGBgAYBhv5GnOEm51sQhRE3Xo=">AAACDnicbZC9TsMwFIWd8lfKX4CRxaKtKEuVdIGxgoWxSLR FakPkuE5r1U4i20GqojwBC6/CwgBCrMxsvA1OGiRoOZKlT+feK997vIhRqSzryyitrK6tb5Q3K1vbO7t75v5BT4axwKSLQxaKWw9JwmhAuooqRm4jQRD3GOl708us3r8nQtIwuFGziDgcjQPqU4yUtlyzXhtypCaen/RT9wdlepej4MlJwzpNa65ZtZpWLrgMdgF VUKjjmp/DUYhjTgKFGZJyYFuRchIkFMWMpJVhLEmE8BSNyUBjgDiRTpKfk8K6dkbQD4V+gYK5+3siQVzKGfd0Z7alXKxl5n+1Qaz8cyehQRQrEuD5R37MoAphlg0cUUGwYjMNCAuqd4V4ggTCSidY0SHYiycvQ6/VtK2mfd2qti+KOMrgCByDBrDBGWiDK9ABXYD BA3gCL+DVeDSejTfjfd5aMoqZQ/BHxsc37H+b+w==</latexit><latexit sha1_base64="eZlGBgAYBhv5GnOEm51sQhRE3Xo=">AAACDnicbZC9TsMwFIWd8lfKX4CRxaKtKEuVdIGxgoWxSLR FakPkuE5r1U4i20GqojwBC6/CwgBCrMxsvA1OGiRoOZKlT+feK997vIhRqSzryyitrK6tb5Q3K1vbO7t75v5BT4axwKSLQxaKWw9JwmhAuooqRm4jQRD3GOl708us3r8nQtIwuFGziDgcjQPqU4yUtlyzXhtypCaen/RT9wdlepej4MlJwzpNa65ZtZpWLrgMdgF VUKjjmp/DUYhjTgKFGZJyYFuRchIkFMWMpJVhLEmE8BSNyUBjgDiRTpKfk8K6dkbQD4V+gYK5+3siQVzKGfd0Z7alXKxl5n+1Qaz8cyehQRQrEuD5R37MoAphlg0cUUGwYjMNCAuqd4V4ggTCSidY0SHYiycvQ6/VtK2mfd2qti+KOMrgCByDBrDBGWiDK9ABXYD BA3gCL+DVeDSejTfjfd5aMoqZQ/BHxsc37H+b+w==</latexit><latexit sha1_base64="eZlGBgAYBhv5GnOEm51sQhRE3Xo=">AAACDnicbZC9TsMwFIWd8lfKX4CRxaKtKEuVdIGxgoWxSLR FakPkuE5r1U4i20GqojwBC6/CwgBCrMxsvA1OGiRoOZKlT+feK997vIhRqSzryyitrK6tb5Q3K1vbO7t75v5BT4axwKSLQxaKWw9JwmhAuooqRm4jQRD3GOl708us3r8nQtIwuFGziDgcjQPqU4yUtlyzXhtypCaen/RT9wdlepej4MlJwzpNa65ZtZpWLrgMdgF VUKjjmp/DUYhjTgKFGZJyYFuRchIkFMWMpJVhLEmE8BSNyUBjgDiRTpKfk8K6dkbQD4V+gYK5+3siQVzKGfd0Z7alXKxl5n+1Qaz8cyehQRQrEuD5R37MoAphlg0cUUGwYjMNCAuqd4V4ggTCSidY0SHYiycvQ6/VtK2mfd2qti+KOMrgCByDBrDBGWiDK9ABXYD BA3gCL+DVeDSejTfjfd5aMoqZQ/BHxsc37H+b+w==</latexit>
W
(1)
s
<latexit sha1_base64="M9xTtUKzyoSGOIMi2MtrN891zY4=">AAACDXicbZC7TsMwFIYdrqXcAowsFi1SWaqkC4wVLIxFo hepDZHjOq1V24lsB6mK8gIsvAoLAwixsrPxNrhpkKDllyx9+s858jl/EDOqtON8WSura+sbm6Wt8vbO7t6+fXDYUVEiMWnjiEWyFyBFGBWkralmpBdLgnjASDeYXM3q3XsiFY3ErZ7GxONoJGhIMdLG8u1qdcCRHgdh2s38H1TZXY6SpzX3LKv6dsWpO7ngM rgFVEChlm9/DoYRTjgRGjOkVN91Yu2lSGqKGcnKg0SRGOEJGpG+QYE4UV6aX5PBU+MMYRhJ84SGuft7IkVcqSkPTOdsSbVYm5n/1fqJDi+8lIo40UTg+UdhwqCO4CwaOKSSYM2mBhCW1OwK8RhJhLUJsGxCcBdPXoZOo+46dfemUWleFnGUwDE4ATXggnPQB NegBdoAgwfwBF7Aq/VoPVtv1vu8dcUqZo7AH1kf34BHm8s=</latexit><latexit sha1_base64="M9xTtUKzyoSGOIMi2MtrN891zY4=">AAACDXicbZC7TsMwFIYdrqXcAowsFi1SWaqkC4wVLIxFo hepDZHjOq1V24lsB6mK8gIsvAoLAwixsrPxNrhpkKDllyx9+s858jl/EDOqtON8WSura+sbm6Wt8vbO7t6+fXDYUVEiMWnjiEWyFyBFGBWkralmpBdLgnjASDeYXM3q3XsiFY3ErZ7GxONoJGhIMdLG8u1qdcCRHgdh2s38H1TZXY6SpzX3LKv6dsWpO7ngM rgFVEChlm9/DoYRTjgRGjOkVN91Yu2lSGqKGcnKg0SRGOEJGpG+QYE4UV6aX5PBU+MMYRhJ84SGuft7IkVcqSkPTOdsSbVYm5n/1fqJDi+8lIo40UTg+UdhwqCO4CwaOKSSYM2mBhCW1OwK8RhJhLUJsGxCcBdPXoZOo+46dfemUWleFnGUwDE4ATXggnPQB NegBdoAgwfwBF7Aq/VoPVtv1vu8dcUqZo7AH1kf34BHm8s=</latexit><latexit sha1_base64="M9xTtUKzyoSGOIMi2MtrN891zY4=">AAACDXicbZC7TsMwFIYdrqXcAowsFi1SWaqkC4wVLIxFo hepDZHjOq1V24lsB6mK8gIsvAoLAwixsrPxNrhpkKDllyx9+s858jl/EDOqtON8WSura+sbm6Wt8vbO7t6+fXDYUVEiMWnjiEWyFyBFGBWkralmpBdLgnjASDeYXM3q3XsiFY3ErZ7GxONoJGhIMdLG8u1qdcCRHgdh2s38H1TZXY6SpzX3LKv6dsWpO7ngM rgFVEChlm9/DoYRTjgRGjOkVN91Yu2lSGqKGcnKg0SRGOEJGpG+QYE4UV6aX5PBU+MMYRhJ84SGuft7IkVcqSkPTOdsSbVYm5n/1fqJDi+8lIo40UTg+UdhwqCO4CwaOKSSYM2mBhCW1OwK8RhJhLUJsGxCcBdPXoZOo+46dfemUWleFnGUwDE4ATXggnPQB NegBdoAgwfwBF7Aq/VoPVtv1vu8dcUqZo7AH1kf34BHm8s=</latexit><latexit sha1_base64="M9xTtUKzyoSGOIMi2MtrN891zY4=">AAACDXicbZC7TsMwFIYdrqXcAowsFi1SWaqkC4wVLIxFo hepDZHjOq1V24lsB6mK8gIsvAoLAwixsrPxNrhpkKDllyx9+s858jl/EDOqtON8WSura+sbm6Wt8vbO7t6+fXDYUVEiMWnjiEWyFyBFGBWkralmpBdLgnjASDeYXM3q3XsiFY3ErZ7GxONoJGhIMdLG8u1qdcCRHgdh2s38H1TZXY6SpzX3LKv6dsWpO7ngM rgFVEChlm9/DoYRTjgRGjOkVN91Yu2lSGqKGcnKg0SRGOEJGpG+QYE4UV6aX5PBU+MMYRhJ84SGuft7IkVcqSkPTOdsSbVYm5n/1fqJDi+8lIo40UTg+UdhwqCO4CwaOKSSYM2mBhCW1OwK8RhJhLUJsGxCcBdPXoZOo+46dfemUWleFnGUwDE4ATXggnPQB NegBdoAgwfwBF7Aq/VoPVtv1vu8dcUqZo7AH1kf34BHm8s=</latexit>
W
(1)
o
<latexit sha1_base64="LRBNKI+2YslijW1ByG1iDvzVkHk=">AAACDXicbZDLSsNAFIYnXmu9RV26CbZC3ZSkG10W3bisY C/QxjCZTtqhcwkzE6GEvIAbX8WNC0Xcunfn2zhNI2jrDwMf/zmHOecPY0qUdt0va2V1bX1js7RV3t7Z3du3Dw47SiQS4TYSVMheCBWmhOO2JpriXiwxZCHF3XByNat377FURPBbPY2xz+CIk4ggqI0V2NXqgEE9DqO0mwU/KLK7HCVLa95ZVg3silt3cznL4 BVQAYVagf05GAqUMMw1olCpvufG2k+h1ARRnJUHicIxRBM4wn2DHDKs/DS/JnNOjTN0IiHN49rJ3d8TKWRKTVloOmdLqsXazPyv1k90dOGnhMeJxhzNP4oS6mjhzKJxhkRipOnUAESSmF0dNIYSIm0CLJsQvMWTl6HTqHtu3btpVJqXRRwlcAxOQA144Bw0w TVogTZA4AE8gRfwaj1az9ab9T5vXbGKmSPwR9bHN3n7m8c=</latexit><latexit sha1_base64="LRBNKI+2YslijW1ByG1iDvzVkHk=">AAACDXicbZDLSsNAFIYnXmu9RV26CbZC3ZSkG10W3bisY C/QxjCZTtqhcwkzE6GEvIAbX8WNC0Xcunfn2zhNI2jrDwMf/zmHOecPY0qUdt0va2V1bX1js7RV3t7Z3du3Dw47SiQS4TYSVMheCBWmhOO2JpriXiwxZCHF3XByNat377FURPBbPY2xz+CIk4ggqI0V2NXqgEE9DqO0mwU/KLK7HCVLa95ZVg3silt3cznL4 BVQAYVagf05GAqUMMw1olCpvufG2k+h1ARRnJUHicIxRBM4wn2DHDKs/DS/JnNOjTN0IiHN49rJ3d8TKWRKTVloOmdLqsXazPyv1k90dOGnhMeJxhzNP4oS6mjhzKJxhkRipOnUAESSmF0dNIYSIm0CLJsQvMWTl6HTqHtu3btpVJqXRRwlcAxOQA144Bw0w TVogTZA4AE8gRfwaj1az9ab9T5vXbGKmSPwR9bHN3n7m8c=</latexit><latexit sha1_base64="LRBNKI+2YslijW1ByG1iDvzVkHk=">AAACDXicbZDLSsNAFIYnXmu9RV26CbZC3ZSkG10W3bisY C/QxjCZTtqhcwkzE6GEvIAbX8WNC0Xcunfn2zhNI2jrDwMf/zmHOecPY0qUdt0va2V1bX1js7RV3t7Z3du3Dw47SiQS4TYSVMheCBWmhOO2JpriXiwxZCHF3XByNat377FURPBbPY2xz+CIk4ggqI0V2NXqgEE9DqO0mwU/KLK7HCVLa95ZVg3silt3cznL4 BVQAYVagf05GAqUMMw1olCpvufG2k+h1ARRnJUHicIxRBM4wn2DHDKs/DS/JnNOjTN0IiHN49rJ3d8TKWRKTVloOmdLqsXazPyv1k90dOGnhMeJxhzNP4oS6mjhzKJxhkRipOnUAESSmF0dNIYSIm0CLJsQvMWTl6HTqHtu3btpVJqXRRwlcAxOQA144Bw0w TVogTZA4AE8gRfwaj1az9ab9T5vXbGKmSPwR9bHN3n7m8c=</latexit><latexit sha1_base64="LRBNKI+2YslijW1ByG1iDvzVkHk=">AAACDXicbZDLSsNAFIYnXmu9RV26CbZC3ZSkG10W3bisY C/QxjCZTtqhcwkzE6GEvIAbX8WNC0Xcunfn2zhNI2jrDwMf/zmHOecPY0qUdt0va2V1bX1js7RV3t7Z3du3Dw47SiQS4TYSVMheCBWmhOO2JpriXiwxZCHF3XByNat377FURPBbPY2xz+CIk4ggqI0V2NXqgEE9DqO0mwU/KLK7HCVLa95ZVg3silt3cznL4 BVQAYVagf05GAqUMMw1olCpvufG2k+h1ARRnJUHicIxRBM4wn2DHDKs/DS/JnNOjTN0IiHN49rJ3d8TKWRKTVloOmdLqsXazPyv1k90dOGnhMeJxhzNP4oS6mjhzKJxhkRipOnUAESSmF0dNIYSIm0CLJsQvMWTl6HTqHtu3btpVJqXRRwlcAxOQA144Bw0w TVogTZA4AE8gRfwaj1az9ab9T5vXbGKmSPwR9bHN3n7m8c=</latexit>
Target Node
Node
Node Embedding
Layer Weight
 
<latexit sha1_base64="GyhvO mYJNyv55T+MPYdIeuM zy+U=">AAAB73icbV DLTgJBEOzFF+IL9ehl Iph4Irtc9Ej04hETeS SwIbPDLEyYnVnnYUI 2/IQXDxrj1d/x5t84w B4UrKSTSlV3uruilDN tfP/bK2xsbm3vFHdLe /sHh0fl45O2llYR2i KSS9WNsKacCdoyzHDa TRXFScRpJ5rczv3OE1 WaSfFgpikNEzwSLGY EGyd1q32Zcqurg3LFr /kLoHUS5KQCOZqD8ld /KIlNqDCEY617gZ+a MMPKMMLprNS3mqaYTP CI9hwVOKE6zBb3ztCF U4YolsqVMGih/p7Ic KL1NIlcZ4LNWK96c/E /r2dNfB1mTKTWUEGWi 2LLkZFo/jwaMkWJ4V NHMFHM3YrIGCtMjIuo 5EIIVl9eJ+16LfBrwX 290rjJ4yjCGZzDJQR wBQ24gya0gACHZ3iFN +/Re/HevY9la8HLZ07 hD7zPH4n2j58=</lat exit><latexit sha1_base64="GyhvO mYJNyv55T+MPYdIeuM zy+U=">AAAB73icbV DLTgJBEOzFF+IL9ehl Iph4Irtc9Ej04hETeS SwIbPDLEyYnVnnYUI 2/IQXDxrj1d/x5t84w B4UrKSTSlV3uruilDN tfP/bK2xsbm3vFHdLe /sHh0fl45O2llYR2i KSS9WNsKacCdoyzHDa TRXFScRpJ5rczv3OE1 WaSfFgpikNEzwSLGY EGyd1q32Zcqurg3LFr /kLoHUS5KQCOZqD8ld /KIlNqDCEY617gZ+a MMPKMMLprNS3mqaYTP CI9hwVOKE6zBb3ztCF U4YolsqVMGih/p7Ic KL1NIlcZ4LNWK96c/E /r2dNfB1mTKTWUEGWi 2LLkZFo/jwaMkWJ4V NHMFHM3YrIGCtMjIuo 5EIIVl9eJ+16LfBrwX 290rjJ4yjCGZzDJQR wBQ24gya0gACHZ3iFN +/Re/HevY9la8HLZ07 hD7zPH4n2j58=</lat exit><latexit sha1_base64="GyhvO mYJNyv55T+MPYdIeuM zy+U=">AAAB73icbV DLTgJBEOzFF+IL9ehl Iph4Irtc9Ej04hETeS SwIbPDLEyYnVnnYUI 2/IQXDxrj1d/x5t84w B4UrKSTSlV3uruilDN tfP/bK2xsbm3vFHdLe /sHh0fl45O2llYR2i KSS9WNsKacCdoyzHDa TRXFScRpJ5rczv3OE1 WaSfFgpikNEzwSLGY EGyd1q32Zcqurg3LFr /kLoHUS5KQCOZqD8ld /KIlNqDCEY617gZ+a MMPKMMLprNS3mqaYTP CI9hwVOKE6zBb3ztCF U4YolsqVMGih/p7Ic KL1NIlcZ4LNWK96c/E /r2dNfB1mTKTWUEGWi 2LLkZFo/jwaMkWJ4V NHMFHM3YrIGCtMjIuo 5EIIVl9eJ+16LfBrwX 290rjJ4yjCGZzDJQR wBQ24gya0gACHZ3iFN +/Re/HevY9la8HLZ07 hD7zPH4n2j58=</lat exit><latexit sha1_base64="hP+6L rUf2d3tZaldqaQQvEK MXyw=">AAAB2XicbZ DNSgMxFIXv1L86Vq1r N8EiuCozbnQpuHFZwb ZCO5RM5k4bmskMyR2 hDH0BF25EfC93vo3pz 0JbDwQ+zknIvSculLQ UBN9ebWd3b/+gfugfN fzjk9Nmo2fz0gjsil zl5jnmFpXU2CVJCp8L gzyLFfbj6f0i77+gsT LXTzQrMMr4WMtUCk7 O6oyaraAdLMW2IVxDC 9YaNb+GSS7KDDUJxa0 dhEFBUcUNSaFw7g9L iwUXUz7GgUPNM7RRtR xzzi6dk7A0N+5oYkv3 94uKZ9bOstjdzDhN7 Ga2MP/LBiWlt1EldVE SarH6KC0Vo5wtdmaJN ChIzRxwYaSblYkJN1 yQa8Z3HYSbG29D77od Bu3wMYA6nMMFXEEIN3 AHD9CBLghI4BXevYn 35n2suqp569LO4I+8z x84xIo4</latexit><latexit sha1_base64="bPPNC A8Y2Iv03r0caT6/HQf dXPo=">AAAB5HicbZ DNSgMxFIXv1L9aq1a3 boKt4KrMuNGl4MZlBf sD7VAyaaYNzSRjckc oQ1/CjQtFfCZ3vo2Zt gttPRD4OCch954olcK i7397pa3tnd298n7lo Hp4dFw7qXaszgzjba alNr2IWi6F4m0UKHkv NZwmkeTdaHpX5N1nbq zQ6hFnKQ8TOlYiFoy is3qNgU5lZhvDWt1v+ guRTQhWUIeVWsPa12C kWZZwhUxSa/uBn2KY U4OCST6vDDLLU8qmdM z7DhVNuA3zxbxzcuGc EYm1cUchWbi/X+Q0s XaWRO5mQnFi17PC/C/ rZxjfhLlQaYZcseVHc SYJalIsT0bCcIZy5o AyI9yshE2ooQxdRRVX QrC+8iZ0rpqB3wwefC jDGZzDJQRwDbdwDy1 oAwMJL/AG796T9+p9L OsqeaveTuGPvM8fWhu ORw==</latexit><latexit sha1_base64="bPPNC A8Y2Iv03r0caT6/HQf dXPo=">AAAB5HicbZ DNSgMxFIXv1L9aq1a3 boKt4KrMuNGl4MZlBf sD7VAyaaYNzSRjckc oQ1/CjQtFfCZ3vo2Zt gttPRD4OCch954olcK i7397pa3tnd298n7lo Hp4dFw7qXaszgzjba alNr2IWi6F4m0UKHkv NZwmkeTdaHpX5N1nbq zQ6hFnKQ8TOlYiFoy is3qNgU5lZhvDWt1v+ guRTQhWUIeVWsPa12C kWZZwhUxSa/uBn2KY U4OCST6vDDLLU8qmdM z7DhVNuA3zxbxzcuGc EYm1cUchWbi/X+Q0s XaWRO5mQnFi17PC/C/ rZxjfhLlQaYZcseVHc SYJalIsT0bCcIZy5o AyI9yshE2ooQxdRRVX QrC+8iZ0rpqB3wwefC jDGZzDJQRwDbdwDy1 oAwMJL/AG796T9+p9L OsqeaveTuGPvM8fWhu ORw==</latexit><latexit sha1_base64="UkDsL DycWcSjnx3+FHwUJPz mxBY=">AAAB73icbV A9SwNBEJ3zM8avqKXN YiJYhTsbLYM2lhHMBy RH2NtskiV7u+funBC O/AkbC0Vs/Tt2/hs3y RWa+GDg8d4MM/OiRAq Lvv/tra1vbG5tF3aKu 3v7B4elo+Om1alhvM G01KYdUculULyBAiVv J4bTOJK8FY1vZ37riR srtHrAScLDmA6VGAh G0UntSlcnMrWVXqnsV /05yCoJclKGHPVe6av b1yyNuUImqbWdwE8w zKhBwSSfFrup5QllYz rkHUcVjbkNs/m9U3Lu lD4ZaONKIZmrvycyG ls7iSPXGVMc2WVvJv7 ndVIcXIeZUEmKXLHFo kEqCWoye570heEM5c QRyoxwtxI2ooYydBEV XQjB8surpHlZDfxqcO +Xazd5HAU4hTO4gAC uoAZ3UIcGMJDwDK/w5 j16L96797FoXfPymRP 4A+/zB4lWj50=</lat exit><latexit sha1_base64="GyhvO mYJNyv55T+MPYdIeuM zy+U=">AAAB73icbV DLTgJBEOzFF+IL9ehl Iph4Irtc9Ej04hETeS SwIbPDLEyYnVnnYUI 2/IQXDxrj1d/x5t84w B4UrKSTSlV3uruilDN tfP/bK2xsbm3vFHdLe /sHh0fl45O2llYR2i KSS9WNsKacCdoyzHDa TRXFScRpJ5rczv3OE1 WaSfFgpikNEzwSLGY EGyd1q32Zcqurg3LFr /kLoHUS5KQCOZqD8ld /KIlNqDCEY617gZ+a MMPKMMLprNS3mqaYTP CI9hwVOKE6zBb3ztCF U4YolsqVMGih/p7Ic KL1NIlcZ4LNWK96c/E /r2dNfB1mTKTWUEGWi 2LLkZFo/jwaMkWJ4V NHMFHM3YrIGCtMjIuo 5EIIVl9eJ+16LfBrwX 290rjJ4yjCGZzDJQR wBQ24gya0gACHZ3iFN +/Re/HevY9la8HLZ07 hD7zPH4n2j58=</lat exit><latexit sha1_base64="GyhvO mYJNyv55T+MPYdIeuM zy+U=">AAAB73icbV DLTgJBEOzFF+IL9ehl Iph4Irtc9Ej04hETeS SwIbPDLEyYnVnnYUI 2/IQXDxrj1d/x5t84w B4UrKSTSlV3uruilDN tfP/bK2xsbm3vFHdLe /sHh0fl45O2llYR2i KSS9WNsKacCdoyzHDa TRXFScRpJ5rczv3OE1 WaSfFgpikNEzwSLGY EGyd1q32Zcqurg3LFr /kLoHUS5KQCOZqD8ld /KIlNqDCEY617gZ+a MMPKMMLprNS3mqaYTP CI9hwVOKE6zBb3ztCF U4YolsqVMGih/p7Ic KL1NIlcZ4LNWK96c/E /r2dNfB1mTKTWUEGWi 2LLkZFo/jwaMkWJ4V NHMFHM3YrIGCtMjIuo 5EIIVl9eJ+16LfBrwX 290rjJ4yjCGZzDJQR wBQ24gya0gACHZ3iFN +/Re/HevY9la8HLZ07 hD7zPH4n2j58=</lat exit><latexit sha1_base64="GyhvO mYJNyv55T+MPYdIeuM zy+U=">AAAB73icbV DLTgJBEOzFF+IL9ehl Iph4Irtc9Ej04hETeS SwIbPDLEyYnVnnYUI 2/IQXDxrj1d/x5t84w B4UrKSTSlV3uruilDN tfP/bK2xsbm3vFHdLe /sHh0fl45O2llYR2i KSS9WNsKacCdoyzHDa TRXFScRpJ5rczv3OE1 WaSfFgpikNEzwSLGY EGyd1q32Zcqurg3LFr /kLoHUS5KQCOZqD8ld /KIlNqDCEY617gZ+a MMPKMMLprNS3mqaYTP CI9hwVOKE6zBb3ztCF U4YolsqVMGih/p7Ic KL1NIlcZ4LNWK96c/E /r2dNfB1mTKTWUEGWi 2LLkZFo/jwaMkWJ4V NHMFHM3YrIGCtMjIuo 5EIIVl9eJ+16LfBrwX 290rjJ4yjCGZzDJQR wBQ24gya0gACHZ3iFN +/Re/HevY9la8HLZ07 hD7zPH4n2j58=</lat exit><latexit sha1_base64="GyhvO mYJNyv55T+MPYdIeuM zy+U=">AAAB73icbV DLTgJBEOzFF+IL9ehl Iph4Irtc9Ej04hETeS SwIbPDLEyYnVnnYUI 2/IQXDxrj1d/x5t84w B4UrKSTSlV3uruilDN tfP/bK2xsbm3vFHdLe /sHh0fl45O2llYR2i KSS9WNsKacCdoyzHDa TRXFScRpJ5rczv3OE1 WaSfFgpikNEzwSLGY EGyd1q32Zcqurg3LFr /kLoHUS5KQCOZqD8ld /KIlNqDCEY617gZ+a MMPKMMLprNS3mqaYTP CI9hwVOKE6zBb3ztCF U4YolsqVMGih/p7Ic KL1NIlcZ4LNWK96c/E /r2dNfB1mTKTWUEGWi 2LLkZFo/jwaMkWJ4V NHMFHM3YrIGCtMjIuo 5EIIVl9eJ+16LfBrwX 290rjJ4yjCGZzDJQR wBQ24gya0gACHZ3iFN +/Re/HevY9la8HLZ07 hD7zPH4n2j58=</lat exit><latexit sha1_base64="GyhvO mYJNyv55T+MPYdIeuM zy+U=">AAAB73icbV DLTgJBEOzFF+IL9ehl Iph4Irtc9Ej04hETeS SwIbPDLEyYnVnnYUI 2/IQXDxrj1d/x5t84w B4UrKSTSlV3uruilDN tfP/bK2xsbm3vFHdLe /sHh0fl45O2llYR2i KSS9WNsKacCdoyzHDa TRXFScRpJ5rczv3OE1 WaSfFgpikNEzwSLGY EGyd1q32Zcqurg3LFr /kLoHUS5KQCOZqD8ld /KIlNqDCEY617gZ+a MMPKMMLprNS3mqaYTP CI9hwVOKE6zBb3ztCF U4YolsqVMGih/p7Ic KL1NIlcZ4LNWK96c/E /r2dNfB1mTKTWUEGWi 2LLkZFo/jwaMkWJ4V NHMFHM3YrIGCtMjIuo 5EIIVl9eJ+16LfBrwX 290rjJ4yjCGZzDJQR wBQ24gya0gACHZ3iFN +/Re/HevY9la8HLZ07 hD7zPH4n2j58=</lat exit><latexit sha1_base64="GyhvO mYJNyv55T+MPYdIeuM zy+U=">AAAB73icbV DLTgJBEOzFF+IL9ehl Iph4Irtc9Ej04hETeS SwIbPDLEyYnVnnYUI 2/IQXDxrj1d/x5t84w B4UrKSTSlV3uruilDN tfP/bK2xsbm3vFHdLe /sHh0fl45O2llYR2i KSS9WNsKacCdoyzHDa TRXFScRpJ5rczv3OE1 WaSfFgpikNEzwSLGY EGyd1q32Zcqurg3LFr /kLoHUS5KQCOZqD8ld /KIlNqDCEY617gZ+a MMPKMMLprNS3mqaYTP CI9hwVOKE6zBb3ztCF U4YolsqVMGih/p7Ic KL1NIlcZ4LNWK96c/E /r2dNfB1mTKTWUEGWi 2LLkZFo/jwaMkWJ4V NHMFHM3YrIGCtMjIuo 5EIIVl9eJ+16LfBrwX 290rjJ4yjCGZzDJQR wBQ24gya0gACHZ3iFN +/Re/HevY9la8HLZ07 hD7zPH4n2j58=</lat exit>
Aggregation Gate
i<latexit sha1_base64=" U2ZTSrz9rxGqsdkcwlstDoTg540=">AAAB9nicbVC9T sMwGPxS/kr5KzCyWLRITFVSBhgrWBiLRGlRE1WO67R WbSeyHaQq6muwMMCCWHkWNt4Gp80ALSfZOt19n3y+MO FMG9f9dkpr6xubW+Xtys7u3v5B9fDoQcepIrRDYh6rX og15UzSjmGG016iKBYhp91wcpP73SeqNIvlvZkmNBB 4JFnECDZW8uu+wGasRMZm9UG15jbcOdAq8QpSgwLtQf XLH8YkFVQawrHWfc9NTJBhZRjhdFbxU00TTCZ4RPuWS iyoDrJ55hk6s8oQRbGyRxo0V39vZFhoPRWhncwj6mU vF//z+qmJroKMySQ1VJLFQ1HKkYlRXgAaMkWJ4VNLMF HMZkVkjBUmxtZUsSV4y19eJY/NhnfRsFfzrllrXReNl OEETuEcPLiEFtxCGzpAIIFneIU3J3VenHfnYzFacoq dY/gD5/MHke+SHw==</latexit>
i<latexit sha1_base64=" U2ZTSrz9rxGqsdkcwlstDoTg540=">AAAB9nicbVC9T sMwGPxS/kr5KzCyWLRITFVSBhgrWBiLRGlRE1WO67R WbSeyHaQq6muwMMCCWHkWNt4Gp80ALSfZOt19n3y+MO FMG9f9dkpr6xubW+Xtys7u3v5B9fDoQcepIrRDYh6rX og15UzSjmGG016iKBYhp91wcpP73SeqNIvlvZkmNBB 4JFnECDZW8uu+wGasRMZm9UG15jbcOdAq8QpSgwLtQf XLH8YkFVQawrHWfc9NTJBhZRjhdFbxU00TTCZ4RPuWS iyoDrJ55hk6s8oQRbGyRxo0V39vZFhoPRWhncwj6mU vF//z+qmJroKMySQ1VJLFQ1HKkYlRXgAaMkWJ4VNLMF HMZkVkjBUmxtZUsSV4y19eJY/NhnfRsFfzrllrXReNl OEETuEcPLiEFtxCGzpAIIFneIU3J3VenHfnYzFacoq dY/gD5/MHke+SHw==</latexit>
j
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Figure 2: Neural architecture of SkipGNN. (Left) SkipGNN constructs skip graphGs (denoted by adjacency
matrix As) based on the input graph G (denoted by adjacency matrix A) using Eq. (1). (Middle) Initial node
embeddings,H(0) and S(0), are specified using side information (e.g., gene expression vectors if nodes represent
genes) or generated using node2vec [Grover and Leskovec, 2016]. In SkipGNN, node embeddings are then
propagated along edges of Gs and G and transformed through a series of computations (layers), which output
powerful embeddings that can then be used for downstream prediction of interactions. Illustrated is a two-
layer iterative fusion scheme. In the first layer, two GNNs with parameter weight matricesW(0)o andW
(0)
s
(operating on A and As, respectively) are fused via weight matricesW
′(0)
o andW
′(0)
s based on Eq. (2, 3). This
completes computations in the first layer of SkipGNN, producing embeddings H(1) and S(1). In the second
layer, those embeddings are transformed viaW(1)o andW
(1)
s using Eq. (4), resulting in final embeddings E.
(Right) Embeddings Ei and Ej of target nodes i and j are retrieved, concatenated, and then fed into a decoder
(parameterized byWd). Decoder returns pij, representing the probability that nodes i and j interact.
skipped nodes close together in the embedding space. To do that, we construct skip graph Gs, in two-hop
neighbors are connected by edges. This construction creates paths in Gs along which neural messages can be
exchanged between the skipped nodes.
Formally, we use the following operator to obtain the skip graph’s adjacency matrix As:
Aijs =
{
1 if ∃ k s.t. (i, k) ∈ Eand (k, j) ∈ E
0 otherwise.
The corresponding degree matrix isDiis =
∑
j A
ij
s . An efficient way to implement the skip graph is through
matrix multiplication:
As = sign(AAT), (1)
where: sign(x) is the sign function, sign(x) = 1 if x > 0 and 0 otherwise, which is applied element-wise on
AAT. It counts the number of two-hop paths from node i to j. Hence, if an entry for node i, j in AAT is larger
than 0, it means there exists a skipped node between node i, j. Then, we convert the positive entry into 1 to
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Table 1: Notation used in SkipGNN.
Notation Definition
G : {V, E} Graph with nodes Vand edges E
D,A ∈ ZN×N Degree and adjacency matrices for graph G
D˜, A˜ ∈ ZN×N Normalized degree and adjacency matrices for G
X ∈ RN×D D-dimensional node embeddings
eij ∈ {0, 1} Ground-truth interaction between nodes i and j
Gs Skip graph
Ds,As ∈ ZN×N Degree and adjacency matrices for Gs
D˜s, A˜s ∈ RN×N Normalized degree and adjacency matrices for Gs
H(l), S(l) Node embeddings for G and Gs, in layer l
E Final node embeddings
pij ∈ [0, 1] Probability of interaction between nodes i and j
yij ∈ {0, 1} Binary indicator of interaction between nodes i and j
L ∈ R Binary classification loss
W(l)o ,W
(l)
s Weight matrix for original (o) and skip (s) graphs, layer l
W
′(l)
o Weight matrix for skip-to-original-graph fusion
W
′(l)
s Weight matrix for original-to-skip-graph fusion
Wd, b Decoder weight matrix and bias parameter
construct the skip graph’s adjacent matrix. Given this skip graph, we proceed to describe the full SkipGNN
model.
3.2 The SkipGNNmodel
In this section, we describe how we leverage the skip graph for link prediction. After we generate the novel
skip graph from Section 3.1, we propose an iterative fusion scheme for SkipGNN to allow the skip graph
and the original graph to learn from each other for better integration. Lastly, a decoder is used to output a
probability measuring if the given pair of molecular entities interact.
3.2.1 Iterative fusion
We want a model to automatically learn how to balance between direct similarity and skip similarity in the
final embedding. We design an iterative fusion scheme with aggregation gates to combine both similarity
information. The motivation is that to represent biomedical entity to its fullest extent, node embedding
must capture its complicated bioactive functions with skip/direct similarities. Hence, instead of simply
concatenating the output node embeddings from the GNN output of the original graph G that captures
direct similarity and skip graph Gs that captures skip similarity, we allow two GNNs on G and Gs to interact
with each other iteratively via the following propagation rules (see Figure 3):
H(l+1) = σ (AGG(FH(l)W(l)o , FsS(l)W
′(l)
o )) (2)
S(l+1) = σ (AGG(FsS(l)W(l)s , FH(l+1)W
′(l)
s )), (3)
where:
F = D˜−
1
2 A˜D˜−
1
2 , Fs = D˜
− 12
s A˜sD˜
− 12
s .
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Here, H(l), S(l) is node embeddings at the l-th layer from direct similarity graph G and skip similarity graph
GS , respectively. F, Fs are the re-normalized adjacency matrices from direct similarity and skip similarity,
respectively. AndW(l)o ,W
′(l)
o ,W
(l)
s ,W
′(l)
s are the transformed weights for layer l. H(0) and S(0) are set to be X,
the input node attributes generated from node2vec. The aggregate gate AGG in Eq. (2-3) can be a summation,
a Hadamard product, max-pooling, or some other aggregation operator [Cao et al., 2020]. Empirically, we find
that summation gate has the best performance. σ () is the activation function and we use ReLU(·) = max(·, 0)
to add non-linearity in the propagation.
In each iteration, the node embedding for original graph H(l+1) is first updated with its previous layer’s
node embedding H(l), combined with skip graph embedding S(l). After obtaining the updated original graph
embedding H(l+1), we then update the skip graph embedding S(l+1) in a similar fashion.
This update rule is very different from simple concatenation as it is an iterative process where each
update of the node embedding for each graph is affected by the most recent node embedding from both
graphs. This way, two embedding are learned to find the best dependency structure between each other and
fuse into one final embedding instead of a simple concatenation. In the last layer, final node embedding E is
obtained through:
E = AGG(FH(Lmax)W(Lmax)o , FsS(Lmax)W(Lmax)s ), (4)
where Lmax is the last layer index. As in the motivation, we are interested only in up to second order
neighbors, we set Lmax = 1, see Figure 3. We don’t use activation function here as it does not require an extra
non-linear transformation to be fed into the decoder network. Empirically, we show this fusion scheme
boosts predictive performance in Section 5.5.
3.2.2 SkipGNN decoder
Given the target nodes (i, j) and their corresponding node embedding Ei,Ej, we implement a neural network
as a decoder to first combine Ei,Ej to obtain an input embedding through a COMB function (e.g., concate-
nation, sum, Hadamard product). Then, the combined embedding is fed into a neural network parametrized
by weightWd and bias b as a binary classifier to obtain probability pij:
pij = σ (WdCOMB(Ei,Ej) + b), (5)
where pij represents the probability that nodes i and j interact (i.e., f (i, j). We use concatenation as the
COMB function as it consistently yield the best performance across different types of networks.
3.3 The SkipGNN algorithm
The overall algorithm is shown in Algorithm 1. Here, we only leverage accessible network information
(adjacent matrix A of the network G) to predict links. In all experiments, we initialize embeddings using
node2vec [Grover and Leskovec, 2016] as: X = node2vec(A).
Second, we construct the skip graph with adjacent matrix As via Eq. (1) to capture the skip-similarity
principle. Next, at every step, a mini-batch of interaction pairsMwith labels y is sampled. Then, two graph
convolutions networks are used for the original graph and the skip graph respectively. In the propagation
step, we use iterative fusion (Eq. (2), Eq. (3)) to naturally combine embeddings convolved on the original graph
and on the skip graph, corresponding to direct and skip similarity, respectively. In the last layer, embeddings
are stored in E. We then retrieve the embeddings for each node in the mini-batched pairsMand concatenate
them to feed into decoder (Eq. (5)).
During training, we optimize the SkipGNN’s parametersW(l)o ,W
′(l)
o ,W
(l)
s ,W
′(l)
s ,Wd , b in an end-to-end
manner through a binary classification loss: L =
∑
(i, j)∈M yij log pij + (1 − yij) log (1 − pij), where yij is
the true label for nodes i and j that are sampled during training via mini-batching, (i, j) ∈ M, andM is a
mini-batch of interaction pairs. After the model is trained, it can be used to make predictions. Given two
entities i and j, the model predicts probability f (i, j) that i and j interact.
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Algorithm 1: The SkipGNN Algorithm
Input: interaction network G with adjacent matrix A
Node Embedding Generation, e.g.:
X← node2vec(A)
Skip Graph Construction (Section 3.1):
As ← SkipGraph(A) via Eq. (1)
for t = 1 . . .Tmax do
sample mini-batch of training node pairsM ⊆ Ewith corresponding labels y
for l = 0 . . . (Lmax − 1) do
Iterative Fusion (Section 3.2.1):
H(l+1) ← FusionGate(H(l)) via Eq. (2)
S(l+1) ← FusionGate(S(l)) via Eq. (3)
E← FuseGate(H(Lmax), S(Lmax)) via Eq. (4)
Decoder (Section 3.2.2):
pij ← decode(E) via Eq. (5)
Compute the loss valueLusing pij and y (Sec. 3.3) and update model parameters via gradient
descent
4 Data and experimental setup
Next we provide details on molecular interaction datasets, baseline methods, and experimental setup.
4.1 Molecular interaction networks
We consider four publicly-available network datasets. (1) BIOSNAP-DTI [Zitnik et al., 2018b] contains 5,018
drugs that target 2,325 protein through 15,139 drug-target (DTI) interactions. (2) BIOSNAP-DDI [Zitnik et al.,
2018b] consists of 48,514 drug-drug interactions (DDIs) between 1,514 drugs extracted from drug labels and
biomedical literature. (3) HuRI-PPI [Luck et al., 2019] is the human reference protein-protein interaction
network generated by multiple orthogonal the high-throughput yeast two-hybrid screens. We use HI-III
network, which has 5,604 proteins and 23,322 interactions. (4) Finally, we consider DisGeNET-GDI [Piñero
et al., 2019] collects curated disease-gene associations (GDIs) fromGWAS studies, animal models and scientific
literature. The dataset has 81,746 interactions between 9,413 genes and 10,370 diseases.
4.2 SkipGNN implementation and hyperparameters
We implemented SkipGNN using PyTorch deep learning framework1. We use a server with 2 Intel XeonE5-
2670v2 2.5GHZ CPUs, 128GB RAM and 1 NVIDIA Tesla P40 GPU. We set optimization parameters as follows:
learning rate is 5e-4 using the Adam optimizer [Kingma and Ba, 2014], mini-batch size is |M| = 256, epoch
size is 15, and dropout rate is 0.1. We set hyper-parameters using grid search based on best average prediction
performance on validation set. Specifically, we use Lmax = 1, hidden size in the first layer as d(1) = 64 and
hidden size in the second layer as d(2) = 16.
4.3 Baseline methods
We compare SkipGNN to seven powerful predictors of molecular interactions from network science and
graph machine-learning fields.
1The source code implementation of SkipGNN is available at https://github.com/kexinhuang12345/SkipGNN.
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Table 2: Data statistics. ‘A’ indicates average node degree.
Dataset Prediction task # nodes # edges A
DTI Drug-target interaction 7,343 15,139 4.12
DDI Drug-drug interaction 1,514 48,514 64.09
PPI Protein-protein interaction 5,604 23,322 8.32
GDI Disease-gene interaction 19,783 81,746 8.26
From machine learning, we use three direct network embedding methods: DeepWalk [Perozzi et al.,
2014], node2vec [Grover and Leskovec, 2016], and we also include struc2vec [Ribeiro et al., 2017]. The
latter method is conceptually distinct by leveraging local network structural information, while the former
methods use random walks to learn embeddings for nodes in the network. Further, we examine two graph
neural networks: VGAE [Kipf and Welling, 2016] and GCN [Kipf and Welling, 2017]. From network science,
we consider Spectral Clustering [Tang and Liu, 2011]. We also use L3 [Kovács et al., 2019] heuristic, which
was recently shown to outperform over 20 network science methods for the problem of PPI prediction.
Further details on baseline methods, their implementation and parameter selection are in supplementary.
4.4 Experimental setup
In all our experiments, we follow an established evaluation strategy for link prediction (e.g., Zhang and Chen
[2018], Zitnik et al. [2018a]). We divide each dataset into train, validation, and test sets in a 7:1:2 ratio, which
yields positive examples (molecular interactions). We generate their negative counterparts by sampling
the complement set of positive examples. For every experiment, we conduct five independent runs with
different random splits of the dataset. We select the best performing model based on the loss value on the
validation set. The performance of selected model is calculated on the test set. To calculate prediction
performance, we use: (1) area under precision-recall curve (PR-AUC): PR-AUC =
∑n
k=1 Prec(k)ΔRec(k),
where k is k-th precision/recall operating point (Prec(k),Rec(k)); and (2) area under the receiver operating
characteristics curve (ROC-AUC): ROC-AUC =
∑n
k=1 TP(k)ΔFP(k), where k is k-th true-positive and false-
positive operating point (TP(k), FP(k)). Higher values of PR-AUC and ROC-AUC indicate better predictive
performance.
5 Results
Next, we conduct a variety of experiments to investigate the predictive power of SkipGNN (Section 5.1). We
then study the method’s robustness to noise and missing data (Section 5.2 and Section 5.3) and demonstrate
the skip similarity principle (Section 5.4). Next, we conduct ablation studies to examine contributions of each
of SkipGNN’s components towards the final SkipGNN performance (Section 5.5). Finally, we investigate
novel predictions made by SkipGNN (Section 5.6).
5.1 Predicting molecular interactions
We start by evaluating SkipGNN on four distinct types of molecular interactions, including drug-target
interactions, drug-drug interactions, protein-protein interactions, and gene-disease associations, and we
then compare SkipGNN’s performance to baseline methods.
In each interaction network, we randomly mask 30% interactions as the holdout validation (20%) and test
(10%) sets. The remaining 70% interactions are used to train the SkipGNN and each of the baselines. After
training, each method is asked to predict whether pairs of entities in the test set will likely interact.
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Table 3: Predictive performance. SkipGNN achieves the best performance across all metrics and tasks
compared to baselines. Results of five independent runs on DDI, PPI and DTI tasks on state of the art link
prediction algorithms.
Task Method PR-AUC ROC-AUC
DTI
DeepWalk 0.753 ± 0.008 0.735 ± 0.009
node2vec 0.771 ± 0.005 0.720 ± 0.010
struc2vec 0.677 ± 0.007 0.656 ± 0.010
SC 0.818 ± 0.007 0.743 ± 0.008
L3 0.891 ± 0.004 0.793 ± 0.006
VGAE 0.853 ± 0.010 0.800 ± 0.010
GCN 0.904 ± 0.011 0.899 ± 0.010
SkipGNN 0.928 ± 0.006 0.922 ± 0.004
DDI
DeepWalk 0.698 ± 0.012 0.712 ± 0.009
node2vec 0.801 ± 0.004 0.809 ± 0.002
struc2vec 0.643 ± 0.012 0.654 ± 0.007
SC 0.749 ± 0.009 0.816 ± 0.006
L3 0.860 ± 0.004 0.869 ± 0.003
VGAE 0.844 ± 0.076 0.878 ± 0.008
GCN 0.856 ± 0.005 0.875 ± 0.004
SkipGNN 0.866 ± 0.006 0.886 ± 0.003
PPI
DeepWalk 0.715 ± 0.008 0.706 ± 0.005
node2vec 0.773 ± 0.010 0.766 ± 0.005
struc2vec 0.875 ± 0.004 0.868 ± 0.006
SC 0.897 ± 0.003 0.859 ± 0.003
L3 0.899 ± 0.003 0.861 ± 0.003
VGAE 0.875 ± 0.004 0.844 ± 0.006
GCN 0.909 ± 0.002 0.907 ± 0.006
SkipGNN 0.921 ± 0.003 0.917 ± 0.004
GDI
DeepWalk 0.827 ± 0.007 0.832 ± 0.003
node2vec 0.828 ± 0.006 0.834 ± 0.003
struc2vec 0.910 ± 0.006 0.909 ± 0.005
SC 0.905 ± 0.002 0.863 ± 0.003
L3 0.899 ± 0.001 0.832 ± 0.001
VGAE 0.902 ± 0.006 0.873 ± 0.009
GCN 0.909 ± 0.002 0.906 ± 0.006
SkipGNN 0.915 ± 0.003 0.912 ± 0.004
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Figure 3: Predictive performance as a function of network incompleteness. SkipGNN provides robust
result in varying fraction of missing edges. Five-fold average with 95% confidence interval for PR-AUC against
various fractions of missing edges on four prediction tasks: drug-target interaction prediction (DTI), drug-
drug interaction prediction (DDI), protein-protein interaction prediction (PPI) and gene-disease interaction
prediction (GDI) on node2vec, Spectral Clustering (SC), Variational Graph Auto-Encoder (VGAE), Graph
Convolutional Network (GCN), and SkipGNN. We omit DeepWalk as it has similar performance as node2vec.
SKIP-GCN consistently shows the best performance even when networks are highly incomplete.
We report results in Table 4.3. We see that SkipGNN has outperforms all baseline methods across all
molecular interaction networks. Specifically, we see up to 2.7% improvement of SkipGNN over GCN and
up to 8.8% improvement over VGAE on PR-AUC. While GCN and VGAE can only use direct similarity, this
finding provides evidence that considering skip similarity and direct similarity together, as is made possible
by SkipGNN, is important to be able to accurately predict a variety of molecular interactions. Compared to
direct embedding methods, SkipGNN has up to 28.8% increase over DeepWalk, 20.4% increase over node2vec,
and 15.6% over spectral clustering on PR-AUC. These results support previous observations [Zitnik et al.,
2018a] that graph neural networks can learn more powerful network representations than direct embedding
methods. Finally, all baselines vary in performance across datasets/tasks while SkipGNN consistently yields
the most powerful predictor.
5.2 Robust learning on incomplete interaction networks
Next, we test SkipGNN’s performance on incomplete interaction networks. Due to knowledge gaps in
biology, many of today’s interaction networks are incomplete and thus it is crucial that methods are robust
and able to perform well even when many interactions are missing.
In this experiment, we let each method be trained on 10%, 30%, 50%, and 70% of edges in the DTI, DDI, and
PPI datasets and predict on the rest of the data (we use 10% of test edges as validation set for early stopping).
Results in Figure 3 show that SkipGNN gives the most robust results among all the methods. In all tasks,
SkipGNN achieves strong performance even when having access to only 10% of the interactions. Further,
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Figure 4: The ability of skip graph and original graph to capture the network structure in the face of
incomplete data. Skip graph can better preserve the network structure than the original graph, as evidenced
by skip graph’s smaller relative error (Section 5.2) than that of the original graph. This is true for all % of
missing edges, indicating that skip graph can keep useful information about interaction structure even when
networks are highly incomplete and many interactions are missing.
in almost every percentage point, SkipGNN is better than the baselines. In addition, we see that VGAE is
not robust as its performance dropped to around 0.5 PR-AUC in highly-incomplete settings on DTI and
DDI tasks. Performance of node2vec and GCN steadily improve as the percentage of seen edges increases.
Further, while spectral clustering is robust to incomplete data, its performance varies substantially with
tasks. We conclude that SkipGNN is robust and is especially appropriate for data-scarce networks.
5.3 Skip graph better captures noisy molecular interactions
So far, we found that SkipGNN has robust performance on incomplete interaction networks and next we
investigate what makes SkipGNN to perform so robustly. We hypothesize that SkipGNN is robust because
its skip graphs can preserve the graph topology much better than original graphs and this feat becomes
prominent when interaction data are scarce. Note that SkipGNN uses the skip graph whereas other methods
only use the original graph.
To test the hypothesis, we measure the relative error between the original graph G and the incomplete
graphGp in which edges are missing at rate p. We use a metric that calculates the relative error of the spectral
norm for the graph Laplacian matrix: Err(A, p) = (‖L‖2 − ‖Lp‖2)/‖L‖2, where L = A−D, Lp = Ap −Dp, A
(Ap) is adjacency matrix of G (Gp), ‖ · ‖2 = σmax(·), the σmax is the largest singular value [Chung and Graham,
1997].
Figure 4 shows the relative error Err of original and skip graphs against 100 fractions p of missing edges
on the DDI task. We see that the skip graph’s relative error is much lower than that of original graph in
almost all settings. This observation provides evidence for our hypothesis, confirming that skip graphs can
better capture the graph topology than original graphs. Because of that, SkipGNN can learn high-quality
embeddings even when interaction data are scarce.
5.4 SkipGNN learns meaningful embedding spaces
Next, we visualize embeddings learned by GCN and SkipGNN in an effort to investigate whether SkipGNN
can better capture the structure of interaction networks than GCN. For that, we use DTI and GDI networks
in which drugs/diseases are linked to associated proteins/genes. We use t-SNE [Maaten and Hinton, 2008]
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SkipGNNGCN
Figure 5: Visualizations of drug-target interaction network. GCN does not distinguish drug and target
gene as it only captures direct similarity whereas SkipGNN is able to distinct drug and target gene embeddings,
confirming its ability to capture skip similarity. We use GCN and SkipGNN on the drug-target interaction
dataset to learn drug/target embeddings, which are visualized using t-SNE.
GCN SkipGNN
Figure 6: Visualizations of gene-disease interaction network. GCN does not distinguish disease and
gene as it only captures direct similarity whereas SkipGNN is able to distinct disease and gene embeddings,
confirming its ability to capture skip similarity. We use GCN and SkipGNN on the gene-disease interaction
dataset to learn gene/disease embeddings, which are visualized using t-SNE.
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Table 4: Results of ablation experiments. SkipGNN ’s model components setup achieve the best result.
Ablation study result of five independent runs on DDI, PPI and DTI tasks.
Task Method PR-AUC ROC-AUC
DTI
SkipGNN 0.928 ± 0.006 0.922 ± 0.004
-fusion 0.909 ± 0.011 0.907 ± 0.013
-skipGraph 0.904 ± 0.011 0.899 ± 0.010
-Weighted-L1 0.927 ± 0.013 0.926 ± 0.011
-Hadamard 0.796 ± 0.116 0.795 ± 0.116
DDI
SkipGNN 0.866 ± 0.006 0.886 ± 0.003
-fusion 0.864 ± 0.007 0.884 ± 0.002
-skipGraph 0.856 ± 0.005 0.875 ± 0.004
-Weighted-L1 0.863 ± 0.006 0.885 ± 0.003
-Hadamard 0.833 ± 0.054 0.883 ± 0.003
PPI
SkipGNN 0.921 ± 0.003 0.917 ± 0.004
-fusion 0.912 ± 0.004 0.906 ± 0.005
-skipGraph 0.909 ± 0.002 0.907 ± 0.006
-Weighted-L1 0.917 ± 0.003 0.908 ± 0.006
-Hadamard 0.909 ± 0.025 0.914 ± 0.010
GDI
SkipGNN 0.915 ± 0.003 0.912 ± 0.004
-fusion 0.896 ± 0.029 0.892 ± 0.014
-skipGraph 0.909 ± 0.002 0.906 ± 0.006
-Weighted-L1 0.913 ± 0.009 0.898 ± 0.010
-Hadamard 0.883 ± 0.041 0.891 ± 0.025
and visualize the learned embeddings in Figure 5 (DTI network) and Figure 6 (GDI network).
First, we observe that GCN cannot distinguish between different types of biomedical entities (i.e., drugs
vs. proteins and disease vs. genes). In contrast, SkipGNN can successfully separate the entities, as evidenced
by distinguishable groups of points of the same color in the t-SNE visualizations. This observation confirms
that SkipGNN has a unique ability to capture the skip similarity whereas GCN cannot. This is because GCN
forces embeddings of connected drug-protein/gene-disease pairs to be similar and thus it embeds those pairs
close together in the embedding space. However, by doing so, GCN conflates drugs with proteins and genes
with diseases. In contrast, SkipGNN generates a biologically meaningful embedding space in which drugs
are distinguished from proteins (or, genes from diseases) while drugs are still positioned in the embedding
space close to proteins to which they bind (or, in the case of GDI network, diseases are positioned close to
relevant disease-associated genes).
Further, we find that GCN and its graph convolutional variants cannot capture skip similarity because
they aggregate neural messages only from direct (i.e., immediate) neighbors in the interaction network.
SkipGNN solves this problem by passing and aggregating neural message from direct as well as in-direct
neighbors, thereby explicitly capturing skip similarity.
5.5 Ablation studies
To show that each component of SkipGNN has an important role in the final performance of SkipGNN,
we conduct a series of ablation studies. SkipGNN has four key components, and we study how the metho
performance changes when we remove each of the components:
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Table 5: Novel predictions of drug-drug interactions. Shown are top-10 predicted drug-drug interactions
together with the relevant literature providing evidence for predictions.
Rank Drug 1 Drug 2 Evidence for DDI
1 Warfarin Clozapine Mukku et al. [2018]
2 Warfarin Ivacaftor Robertson et al. [2015]
3 Phenelzine Deferasirox
4 Warfarin Paraldehyde DuPont [2000]
5 Warfarin Cyclosporine Snyder [1988]
6 Phenytoin Sipuleucel-T
7 Warfarin Netupitant
8 Phenelzine Suvorexant Merck [2014]
9 Leuprolide Picosulfuric acid
10 Deferasirox Bexarotene Ligand [1999]
• -fusion removes SkipGNN’s fusion scheme and replaces it with a simple concatenation of node
embeddings generated by GCN.
• -skipGraph removes skip graph and degenerates to GCN.
• -Weighted-L1 uses weighted-L1 gate in Eq. (2) as AGG(A, B) = |A− B|, where | · | is the absolute value
operator.
• -Hadamard replaces the summation gate with Hadamard operator ‘∗‘ in Eq. (2) such that AGG(A, B) =
A ∗ B.
Table 5.5 show results of deactivating each of these components, one at a time. Wefind that -fusion outperforms
-skipGraph (i.e., GCN) by a large margin. This finding identifies skip graph as a key driver of performance
improvement. Further, we find that our iterative fusion scheme is important, indicating that successful
methods need to integrate both direct and skip similarity in interaction networks. Next, we see that weighted
L1 gate has comparable or worse performance than the summation gate andHadamard operator performs the
worst, suggesting that SkipGNN’s summation gate is the best-performing aggregation function. Altogether,
we conclude that all SkipGNN’s components are necessary for its strong performance.
5.6 Investigation of SkipGNN’s novel predictions
The main goal of link prediction on graphs is to find novel hits that do not exist in the dataset. We conduct a
literature search and find SkipGNN is able to discover novel hits. We select pairs that are not interacted
in the original dataset but are flagged as interaction from our model. We then pick the top 10 confident
interactions and feed them into literature database and see if there are evidence supporting our findings. We
find promising result for the DDI task (Table 5.6). Out of the 10 top-ranked interaction pairs, we are able to
find 6 pairs that have literature evidence support.
For example, for the interaction between Warfarin and Calozapine, Mukku et al. [2018] reports that
“Clozapine increase the concentrations of commonly used drugs in elderly like digoxin, heparin, phenytoin
andWarfarin by displacing them from plasma protein. This can lead to increase in respective adverse effects
with these medications.” Also, the manufacturer Novartis [1989] also reports that “Clozapinemay displace
Warfarin from plasma protein-binding sites. Increased levels of unboundWarfarin could result and could
increase the risk of hemorrhage.” Take another example between Warfarin and Ivacaftor, Robertson et al.
[2015] conducts a DDI study and reports that “caution and appropriate monitoring are recommended when
concomitant substrates of CYP2C9, CYP3A and/or P-gp are used during treatment with Ivacaftor, particularly
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drugs with a narrow therapeutic index, such asWarfarin.” Finally, we provide the top 10 outputs for DTI,
PPI, and GDI tasks in Appendix C.
6 Conclusion
We introduced SkipGNN, a novel graph neural network for predicting molecular interactions. The architec-
ture of SkipGNN is motivated by a principle of connectivity, which we call skip similarity. Remarkably, we
found that skip similarity allows SkipGNN to much better capture structural and evolutionary forces that
govern molecular interaction networks that what is possible with current graph neural networks. SkipGNN
achieves superior and robust performance on a variety of key prediction tasks in interaction networks and
performs well even when networks are highly incomplete.
There are several future directions. We focused here on networks in which all edges are of the same type.
As SkipGNN is a general graph neural network, it would be interesting to adapt SkipGNN to heterogeneous
networks, such as drug-gene-disease networks. Another fruitful direction would be to implement skip
similarity in other types of biological networks.
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A Experiments on the importance of each layer of GNN for
biomedical link prediction
To further support our claim on the importance of integrating skip similarity for GNN-based methods
on biomedical interaction network link prediction, we vary the architecture of vanilla GNN and perform
predictive comparison on DDI, PPI, and DTI tasks. Here are the variations:
• TwoLayers-OriGraph is the two layers GCN on original graph. It uses an indirect two-hops neigh-
borhood aggregation because the two-hops nodes information is conveyed to the center node through
the one-hop nodes.
• OneLayer-OriGraph is a one layer vanilla GCN. It only utilizes the immediate one-hop neighbor
information. Hence, it is a direct measure of direct similarity.
• TwoLayers-SkipGraph is the vanilla two layers GCN that operates on the skip graph. It uses direct
connection of center node with its two-hops neighborhood as against the indirect connection in vanilla
GCN. As it is two layer, it also considers indirect four-hops neighbor nodes.
• OneLayer-SkipGraph is the one layer version of GCN-A2. As it only uses two-hop neighbor infor-
mation, it directly measures the skip similarity.
Table A compares the results. From the large improvement of TwoLayers-OriGraph over OneLayer-
OriGraph, this is the initial evidence that two-hops neighborhood, which contains skip similarity node
relation assumption, is essential. Then, comparing OneLayer-OriGraph and OneLayer-SkipGraph, the
large margin improvement of OneLayer-SkipGraph implies two-hops neighbor alone has more predictive
information than one-hop neighbor alone, supporting our motivation analysis of the importance of skip
similarity for biomedical interaction network. Note also that the improvement from OneLayer-OriGraph
to TwoLayers-OriGraph is much larger than the improvement from OneLayer-SkipGraph to TwoLayers-
SkipGraph, meaning second-hop is essential and higher-order neighborhood is of limited importance for
interaction link prediction. Lastly, TwoLayers-OriGraph performs better than TwoLayers-SkipGraph,
meaning that biomedical interaction link prediction is a balance between immediate neighbor and two-hops
neighbor, confirming with our intuition that an ideal network should pursue a balance between them and
adding support for the iterative fusion scheme.
B Details about baseline methods
• L3 [Kovács et al., 2019] counts the length-3 paths among all the network nodes pairs. The number of
length-3 paths are then normalized by the degree of node pairs.
• DeepWalk [Perozzi et al., 2014] performs uniform distributed random walk and applies skip-gram
model to learn a node embedding. We use 20 walk lengths and then concatenate the target nodes
embedding with a logistic regression classifier.
• node2vec [Grover and Leskovec, 2016] builds on DeepWalk and uses biased random walk based on
depth/breath first search to consider both local and global network structure. We use 20 walk length
as the paper suggests longer walk lengths improve the embedding quality. The paper also reported
Hadamard product perform better than average and weighted L1/L2 for link prediction. However, in
our experiment, the simple concatenation is better than Hadamard. After the concatenation, we feed
into a logistic regression classifier as described in the paper.
• struc2vec [Ribeiro et al., 2017] leverages the local network structure in addition to the node2vec. We
use 80 walk length and 20 number of walks, following author’s recommendation. We then concatenate
the latent embedding and feed into a logistic regression classifier.
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Table 6: Skip Similarity is important for biomedical interaction prediction when using GCN. Results
of five independent runs on DDI, PPI and DTI tasks with varying architectures of GCN.
Task Method PR-AUC ROC-AUC
DTI
TwoLayers-OriGraph 0.904 ± 0.011 0.899 ± 0.010
OneLayer-OriGraph 0.807 ± 0.024 0.781 ± 0.026
TwoLayers-SkipGraph 0.849 ± 0.041 0.826 ± 0.052
OneLayer-SkipGraph 0.780 ± 0.047 0.756 ± 0.046
DDI
TwoLayers-OriGraph 0.856 ± 0.005 0.875 ± 0.004
OneLayer-OriGraph 0.810 ± 0.029 0.831 ± 0.029
TwoLayers-SkipGraph 0.848 ± 0.003 0.863 ± 0.002
OneLayer-SkipGraph 0.844 ± 0.008 0.862 ± 0.004
PPI
TwoLayers-OriGraph 0.909 ± 0.002 0.907 ± 0.006
OneLayer-OriGraph 0.806 ± 0.013 0.815 ± 0.015
TwoLayers-SkipGraph 0.900 ± 0.003 0.888 ± 0.004
OneLayer-SkipGraph 0.873 ± 0.023 0.863 ± 0.017
GDI
TwoLayers-OriGraph 0.909 ± 0.002 0.906 ± 0.006
OneLayer-OriGraph 0.846 ± 0.043 0.845 ± 0.039
TwoLayers-SkipGraph 0.888 ± 0.008 0.905 ± 0.007
OneLayer-SkipGraph 0.876 ± 0.016 0.883 ± 0.018
• Spectral Clustering [Tang and Liu, 2011] projects nodes on top-16 eigenvectors of the normalized
Laplacian matrix and uses the transposed eigenvectors as node embeddings. The embeddings are then
multiplied and pass through a sigmoid function to obtain link probabilities.
• VGAE [Kipf andWelling, 2016] applies variational graph auto-encoder and learns node embeddings that
best reconstruct the adjacent matrix. We use a two-layer GCN with hidden size 64 for layer one and 16
for layer two. The learning rate is set to be 5e-4 with Adam optimizer for 300 epochs. The dropout rate
is set to be 0.1.
• GCN [Kipf and Welling, 2017] uses two-layers GCN layers on original adjacency matrix to obtain node
embeddings, others are with same setting as SkipGNN . We use a two-layer GCN with hidden size 64
for layer one and 16 for layer two. The learning rate is set to be 5e-4 with Adam optimizer for 10 epochs
with batch size 256. SkipGNN usually converges within 5 epochs. The dropout rate is set to be 0.1.
We determine all parameters for the baseline methods using the grid search on a validation set.
C Potential novel hits for PPI, DTI, and GDI
We conducted a literature search for the DDI novel hits in the main text. Here, we also provide the novel
hits discovered through SkipGNN for the PPI, DTI, and GDI tasks in Table C.
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Table 7: Top-ranked novel predictions for PPI, DTI and GDI tasks. Potential novel hits for PPI, DTI,
GDI tasks. For long drug names, we use the DrugBank ID instead.
Task Rank Drug Target Gene
DTI
1 Dpb-T L3MBTL1
2 Progabide PANX1
3 Glutamic acid NARS2
4 DB04530 CYP2D6
5 Glutamic acid AZIN2
6 DB08152 BCHE
7 CR002 CYP2C19
8 Ecabet F2
9 Insulin CYP2C19
10 RU84687 CYP2C19
Task Rank Protein 1 Protein 2
PPI
1 GOLGA6A CYSRT1
2 CYSRT1 IPCEF1
3 PRKAR1B REL
4 CEP70 UBQLN1
5 ADAMTSL4 MTUS2
6 SIX1 CYSRT1
7 RBPMS MTUS2
8 KRT31 CCDC36
9 TRAF2 MIPOL1
10 DES MEOX2
Task Rank Gene Disease
GDI
1 RAPGEF3 Intellectual disability
2 ISL1 Intellectual disability
3 UHRF1BP1L Intellectual disability
4 RCN3 Intellectual disability
5 UGT1A4 Schizophrenia
6 DDX11 Schizophrenia
7 SOD2 Mental Retardation
8 IL1B Diabetes mellitus type 2
9 TNF Osteosarcoma
10 POMC Tactile Allodynia
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